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Fritt Val Tillatelser

Daniel Ronnedal

Abstrakt

Den hir uppsatsen handlar om fritt val (FV) tillatelser (FVT). Jag gar igenom
den s.k. fritt val tillatelser paradoxen och nimner nigra mojliga l6sningar pa
denna. Dérefter presenterar jag mitt eget forslag pa hur man bor forsta
tillatelser av detta slag och hur man kan 16sa (FVT) paradoxen. Jag tar upp
nagra potentiella invindningar mot denna analys och visar hur dessa kan
bemotas. Ibland har (FVT) paradoxen anvénts som ett argument emot s.k.
standard deontisk logik (SDL). Jag argumenterar for att man kan acceptera
forekomsten av (FV) tillatelser utan att behdva forkasta (SDL). Déremot
pekar diskussionen pa behovet av en kvantifierad deontisk logik.

1. Introduktion
Betrakta foljande resonemang.

Argument 1
Du fér ta en bulle eller en syltmunk.
Alltsé far du ta en bulle och du far ta en syltmunk.

Detta argument tycks vara giltigt. Slutsatsen tycks folja ur premissen. Antag
att du ar pa besok hos din farmor och farfar. Farmor stricker fram ett fat med
flera bullar och munkar pa, och séger: ”Du far ta en bulle eller en syltmunk”.
I denna situation verkar det vara rimligt for dig att dra slutsatsen att du far ta
en bulle och att du far ta en syltmunk (men inte nddvéndigtvis att du far ta
bade en bulle och en syltmunk).

Foljande symbolisering av detta resonemang i s.k. standard deontisk logik
(SDL) 4r emellertid inte giltigt."

P(B v S)
PB A PS

' Fér mer information om SDL och deontisk logik, se t.ex. Gabbay, Horty, Parent, van der
Meyden, & van der Torre (red.) (2013), Hilpinen (red.) (1971), (1981), Ronnedal (2010), eller
Agvist (1987), (2002).
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Dir B star for ”Du tar en bulle”, S for ”Du tar en syltmunk” och P &r en
satsoperator som utldses “Det ar tillatet att”, eller ”Det far vara fallet att”.
Foljande modell bevisar detta. Méngden av alla mdjliga varldar bestar av w
och wy; w, ar deontiskt tillgénglig fran wo; B dr falsk i w; och S ar sann i wy.
For att forstarka denna modell till en OS5+ modell kan vi anta att w; ocksa ar
tillginglig fran sig sjélv.

Men hur skall vi da forklara att argument 1 tycks vara giltigt, att det tycks
vara rimligt att harleda slutsatsen ur premissen?

Ett mgjligt svar pa denna fraga ar att hdvda att SDL é&r ett for svagt logiskt
system, att vi bor ldgga till ndgon premiss till SDL som gor argument 1
giltigt.

Betrakta foljande princip, fritt val principen (FVP).

(FVP) P(Av B) — (PA A PB)

Om vi lagger till FVP till SDL, kan vi enkelt visa att slutsatsen i argument 1
kan hérledas fran premissen i detta argument. Gor vi det, foljer emellertid ett
antal kontraintuitiva slutsatser (Hansson (2013)). Lat oss titta ndrmare pa
nagra av dessa. (Omedelbart efter den problematiska satsen i varje exempel
har jag angivit vilka teorem och regler som anvénds i harledningarna.)

Problem 1 (Kamp 1973). Op — O(p A Q)

P-Extensionalitet (P-Ext): Om A <> B ér ett teorem, sa &r ocksa PA <> PB ett
teorem. Definierbarhet (Def-O): OA <> —P—A. SL innebér att steget foljer
med vanlig satslogik.

1. P(=pv—q)—P—p [FVP, SL]
2. P=(parq)—P—p [1, P-Ext, SL]
4. Op—>0O(pAQ) [3, Def-O]

Men Op — O(p A q) ér en orimlig princip. Har dr en kontraintuitiv instans:
Om det dr obligatoriskt att du betalar skatt, sa &r det obligatoriskt att du
betalar skatt och branner ner skatteverkets kontor.

Problem 2 (von Wright 1968). Op — Pq
Axiom (D): OA — PA. O-forsvagning (OF): OA — O(A v B)

1. P(pvq)—Pq [FVP, SL]
2. O(pvq)—Ppva) [D]

3. Op—>O(pvVvq [OF]

4. Op—Pq [1-3,SL]

Men Op — Pq édr en orimlig princip, som hévdar att om nagonting bor vara
fallet, sa &r allt tillatet. Enligt denna sats géller det t.ex. att om du bor skinka
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pengar till nagot vélgérande dndamal, s &r det tillatet att du misshandlar din
partner.

Problem 3 (Makinson 1984): Pp — Pq.

O-Extensionalitet (O-Ext): Om A <> B ér ett teorem, sé &r ocksa OA <> OB
ett teorem. O-distribution (OD): O(A A B) — (OA A OB). (Def-P): PA &
_|O_|A.

1. P(pvq)—Pq [FVP, SL]

2. O(=pA—q)—O—p [OD, SL]

3. O=(pvq)—>O—p [2, O-Ext, SL]
5. Pp—>Ppvq) [4, Def-P]

6. Pp—>Pq [1,5,SL]

Men Pp — Pq édr en orimlig princip. Den sager att om nagot ar tillatet, sa ar
allt tillatet. T.ex.: Om det é&r tillatet att du lamnar landet, sa &r det tillatet att
du stjél din grannes bil.

Problem 4 (Hilpinen 1982): Pp — P(p A q).

(P-Ext).
L. P(pA@)V(pA—q)
= (P(pA @) AP(pA—Qq)) [FVP]
2. Pp>PpArq)AP(pPA—Q)) [1, P-Ext, SL]
3. Pp—>P(parq) [2, SL]

Notera att detta dr ett problem inte bara for SDL och for alla s.k. normala
deontiska system, utan for alla deontiska system som innehéller (Ext), t.ex.
alla s.k. klassiska system. Pp — P(p A q) &r en kontraintuitiv princip. Hér ar
en problematisk instans: Om det ar tillatet att du gifter dig, sa &r det tillatet att
du gifter dig och spréanger slottet i luften.

Problem 5. Op — Oq.
(P-Ext). (Def-0). (OD).

1. P(=pv—q)—P—p [FVP, SL]

2. P=(parq)—P—p [1, P-Ext, SL]
4. Op—>0O(pAQ) [3, Def-O]

5. O(pAaq)—Oq [OD, SL]

6. Op— Oq [4, 5, SL]

Op — Oq sédger att om nagot ar obhgatorlskt sa dr allting obligatoriskt. Detta
ar orimligt. Hér &r ett exempel pd en kontraintuitiv instans. Om det &r
obligatoriskt att du gér ut grundskolan, s& ar det obligatoriskt att du startar
tredje vérldskriget.
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Faktum &r att vi kan hérleda en motsigelse i SDL om vi ldagger till FVP.
Antag att vi utvidgar SDL med FVP. Vi har sett att vi da kan hérleda Pp —
Pq. Vi kan byta ut p och q mot vilka satser som helst. Alltsa PT — PL. Men i
SDL har vi PT. Alltsa PL. Alla normala deontiska system innehaller
emellertid —P_L. Detta &r absurt.

Dessa problem visar pa ett tydligt sitt att det &r orimligt att acceptera alla
satser och regler i SDL om det &r rimligt att acceptera FVP. Omvint géller
det att om vi har goda skil att halla fast vid SDL, s& har vi goda skél att
forkasta FVP. Och vi tycks ha goda skal att acceptera SDL. Samtidigt ar FVP
en intuitivt rimligt princip. Satsen ”Du fér ta en bulle och du far ta en
syltmunk” tycks folja ur satsen ”Du fér ta en bulle eller en syltmunk”.

Hur skall man stélla sig till detta problem, som vi skall kalla fritt val
tillételser (FVT) paradoxen™?

2. Mdjliga losningar

Manga olika mdjliga 16sningar pa fritt val tillatelser paradoxen har
presenterats. Ett forslag gar ut pd att inféra en ny “fritt val” operator som
satisfierar FVP eller att helt enkelt symbolisera ”Du far A eller B” som PA A
PB. Se t.ex. Follesdal & Hilpinen (1971), von Wright (1971), och Wolenski
(1980).

Ett annat forslag gar ut pa att forkasta SDL och utveckla nagon alternativ
logik. Se t.ex. Dignum, Meyer & Wieringa (1996), som anvénder en
dynamisk deontisk logik (se ocksd Gabbay, Gammaitoni & Sun (2014)),
Asher & Bonevac (2005), som utvecklar en deontisk logik baserad pé en
icke-monotonisk logik, Barker (2010), som utgar ifran en deontisk logik
baserad pa “linjar logik”, och Aher (2012), som introducerar en deontisk
logik baserad pa en s.k. ”inkvisitiv” (eng: inquisitive) semantik.

En alternativ 10sning hivdar att slutsatsen i argument 1 (och liknande
argument) inte foljer (semantiskt) fran premissen. FVP dr inte en giltig
princip; det handlar om en pragmatisk implikation. Premissen i argument 1
(och liknande argument) implicerar pragmatiskt slutsatsen, men premissen
kan vara sann samtidigt som slutsatsen &r falsk. Se t.ex. Zimmerman (2000),
Schulz (2005b), Fox (2007), och Franke (2010).

Ytterligare ett alternativ gér ut pa att infora en dold Endast-operator som
inte explicit uttrycks men forstds av sprakanvidndarna. Kamp (1973) tycks
vara den forsta som foreslér en 16sning av detta slag. Flera andra har forsokt
utveckla denna idé. Se t.ex. Dignum, Meyer & Wieringa (1996).

Négra filosofer har menat att “fri tillatelse” inte &r en egenskap hos en
disjunktion utan en egenskap hos méngden av disjunkter. Se t.ex. Hansson
(2001), sdrskilt ss. 130-131, och Hansson (2013).

Slutligen kan man hévda att problemen med fritt val tillatelser och fritt val
tillatelser paradoxen uppstar som en foljd av en “felaktig” eller “délig”



Fritt Val Tillatelser

Oversdttning av de naturliga satserna i argument 1 (och liknande argument)
till formella satser. Slutsatsen f6ljer, om vi symboliserar dessa satser
“korrekt”. En 16sning av den hédr typen finns antydd i Parks (1973). Béade
Stenius (1982) och Makinson (1984) argumenterar explicit pa detta sétt (se
ocksa Aqvist (1965)). Den ”16sning” jag argumenterar for i den hir uppsatsen
ir en ugveckling av idéer som presenteras i Stenius (1982) och i Makinson
(1984).

3. Losningsfordag 1

Enligt den 16sning av fritt val tillatelser paradoxen som jag foreslér i den hér
uppsatsen behdver vi inte dverge SDL eller ndgra teorem eller regler i detta
system. Det gér att tolka argument 1 pa ett sddant sétt att det blir semantiskt
giltigt. Det &r alltsd inte nddvéndigtvis sé att premissen endast pragmatiskt
implicerar slutsatsen. Losningen forutsétter dock att vi utvidgar SDL med
predikatlogik. Jag kommer att anvdnda mig av en kvantifierad temporal
aletisk-deontisk logik for att symbolisera flera olika fritt val tillatelser. De
tekniska detaljerna i dessa system utvecklas i Ronnedal (2014).” Jag kommer
i det hér avsnittet att presentera ett 10sningsforslag. P4 grund av vissa
problem med detta (se avsnitt 5) kommer jag att undersoka ett nytt,
modifierat forslag i avsnitt 6. Forst skall vi emellertid analysera ett antal
enklare former av fritt val tillatelser.

Betrakta foljande scenario. Du &r pa besdk hos din farmor och farfar.
Farmor haller fram ett fat med kakor och sdger: ”Du far ta en kaka”. Vad
betyder satsen ”Du fér ta en kaka”? Vi bor skilja mellan atminstone fyra olika
mojliga tolkningar.

1. Det finns en kaka som det ar tillatet att du tar.
2. Det ar tillatet att det finns en kaka som du tar.
3. Du far ta vilken kaka som helst.

4. Du far ta alla kakor.

Sats 3 tycks dven kunna uttryckas pa foljande sitt: For varje kaka géller det
att du far tar den”. Lat Kx vara ett predikat som ldses ”x dr en kaka [pa
fatet]”, Txy ett predikat som ldses ”x tar y” och d en singuldr term som
refererar till dig. Ix ar en partikuldr kvantifikator som liases ”Det finns ett x
sadant att” och Vx en universell kvantifikator som ldses ”Det géller for alla x

% For mer information om fritt val tillatelser, se Aloni (2007), Anglberger, Dong & Roy (2014),
Chemla (2009), Geurts (2005), Geurts & Pouscoulous (2009), Giannakidou (2001), Jennings
(1985), Merin (1992), Nute (1985), Saeboe (2001), Schulz (2005), Simons (2005), van Rooij
(2006), och Aqvist (1965), (1987), sérskilt ss. 47-55.

* Se ocksd Rénnedal (2012) och (2012b). Notera att jag anvinder nigot andra symboler i den har
uppsatsen.
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att”. 3 och V kan antingen tolkas possibilistiskt eller aktualististiskt beroende
pa kontexten. Da kan satserna 1-4 symboliseras pa foljande sétt i en
kvantifierad deontisk logik.

I". Ix(Kx A PTdx). Det finns ett x saddant att x dr en kaka och det &r
tillatet att du tar x.

2'. PIx(Kx A Tdx). Det ér tillatet att det finns ett x sddant att x dr en
kaka och du tar x.

3’ Vx(Kx — PTdx). Det géller for alla x att om x ar en kaka, sa ar det
tillatet att du tar x.

4'. PVx(Kx — Tdx). Det ar tillatet att det géller for alla x att om x &r
en kaka, sa tar du x.

Hur forhéller sig dessa formler till varandra? I vanlig kvantifierad deontisk
logik foljer Ix(Kx A PTdx) ur Vx(Kx — PTdx) om vi antar att det finns
atminstone en kaka (IxKx). I dvrigt dr de olika satserna logiskt oberoende av
varandra, fOrutsatt att vi inte gor nagra sérskilda antaganden. 1’ medfor inte
2'; 2" medfor inte 3’ ; 3’ medfor inte 4'; 4’ medfor inte 3’; 3’ medfor inte 2'; 2'
medfor inte 1’ osv. Lt oss sammanfatta detta i ett teorem.

Teorem 1. (i) (3') Vx(Kx — PTdx) och 3xKx medfor (1') Ix(Kx A PTdx). (ii)
(1) Ix(Kx A PTdx), (2) PIk(Kx A Tdx), (3") Vx(Kx — PTdx), och (4')
PVx(Kx — Tdx) &r alla logiskt oberoende av varandra. Dvs. (1") medfor inte
(2") och (2') medfor inte (1'), (1") medfor inte (3') och (3") medfor inte (1),
osv. Detta giller i alla ("normala”) kvantifierade deontiska system om vi inte
gor nagra sérskilda antaganden.

Bevis. Lamnas till lasaren. B

Vilken av dessa tolkningar &r rimligast? Det tycks vara ganska uppenbart
att ”Du far ta en kaka” inte betyder samma sak som ”Du far ta alla kakor”,
det 4r mojligt att du fér ta en kaka &ven om du inte far ta alla kakor. Daremot
ar det inte uppenbart huruvida ”Du fér ta en kaka” betyder samma sak som 1,
2', eller 3' eller om det finns ndgon semantisk skillnad mellan 1’ och 2'. Enligt
mina intuitioner anviands ”Du far ta en kaka” ofta for att sdga samma sak som
”Du far ta en kaka, vilken som helst”, en sats som i sin tur sdger samma sak
som ”Du fér ta vilken kaka som helst”. Tolkning 1’ och 2’ &r ocks& mgjliga,
men ofta mindre intuitiva. Enligt 1’ finns det t.ex. en specifik kaka som du far
ta. Detta medfor inte att du far ta vilken kaka som helst.

Betrakta foljande scenario. Antag att det finns 3 kakor péa fatet: en
syltkaka, en pepparkaka och en fruktkaka. Antag ocksé att farmor sdger: "Du
far ta en kaka, med du far inte ta syltkakan och du far inte ta fruktkakan”.
Detta tycks inte vara inkonsistent, men &dr samtidigt ett underligt yttrande. Om
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farmor vill sédga att du far ta pepparkakan, men ingen annan kaka, varfor
sdger hon da inte bara ”Du far ta pepparkakan”? Mer generellt: antag att du
far ta en kaka och att det innebar att det finns en specifik kaka som du far ta,
samtidigt som det géller att du inte far ta ndgon annan kaka. D& forefaller det
vara mer naturligt att sdga: ”Du far ta den dér kakan”, och samtidigt peka pa
den kaka man menar, istillet for ”Du far ta en kaka”.

Enligt denna tolkning sdger alltsd ”Du fér ta en kaka” samma sak som
”Du far ta en kaka, vilken som helst” eller ”Du far ta vilken kaka som helst”.
Detta kan ocksa, nadgot mer krystat, uttryckas pé foljande sitt: ”En kaka,
vilken som helst, far du ta”, ”Vilken kaka som helst far du ta” eller ”En kaka
far du ta”. Dessa satser kan symboliseras pa foljande sitt: Vx(Kx—PTdx).

Mitt forslag gér ut pa att argument 1 (och analoga argument) kan
symboliseras pa liknande sétt. Argument 1 kan t.ex. ges foljande l4sning:

Argument 1’

Du far ta en bulle, vilken som helst, eller en syltmunk,

vilken som helst.

Alltsé féar du ta en bulle, vilken som helst, och du fér ta en syltmunk,
vilken som helst.

Eller ekvivalent

Argument 1"

Du fér ta vilken bulle eller (vilken) syltmunk som helst.

Alltsé far du ta vilken bulle som helst och du fér ta vilken syltmunk
som helst.*

Foljande symbolisering av argument 1 ar naturlig givet denna tolkning.

Vx((Bx v Sx) — PTdx)
Vx(Bx — PTdx) A Vx(Sx — PTdx)

Premissen kan ldsas pa foljande vis: ”Det géller for alla x att om x 4r en bulle
eller (x &r) en syltmunk, sa ar det tillatet att du tar x”, och slutsatsen pa
foljande vis: “Det giller for alla x att om x dr en bulle sa ar det tillatet att du
tar x och det géller for alla x att om x 4r en syltmunk sa ar det tillatet att du

* Har foljer ett par “osmidiga” varianter, som emellertid blottligger argumentets struktur bittre.
Premiss: En bulle (vilken som helst) eller en syltmunk (vilken som helst) far du ta. Slutsats:
Alltsa, en bulle (vilken som helst) far du ta och en syltmunk (vilken som helst) far du ta. Eller.
Premiss: Vilken bulle eller (vilken) syltmunk som helst far du ta. Slutsats: Alltsa, vilken bulle
som helst far du ta och vilken syltmunk som helst far du ta.
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tar x”. Detta argument ar giltigt av rent predikatlogiska skél, vilket foljande

semantiska tabla bevisar.

Vx((Bx v Sx) — PTdx), wotg
—(Vx(Bx — PTdx) A Vx(Sx — PTdx)), woto
4 N

—Vx(Bx — PTdx), woty
Ix—(Bx — PTdx), wotg

—|(BC - PTdC), Woto

BC, Woto

—|PTdC, Woto

(Bc v Sc) — PTdc, wotg

v N

—|(BC Vv SC), Woto PTdC, Woto
—|BC, Woto *

—|SC, Woto
*

—Vx(Sx — PTdx), wotp
Ix—(Sx — PTdx), woto
—|(SC - PTdC), Woto

SC, Woto
—|PTdC, Woto
(Bc v Sc) — PTdc, woty
v N

—|(BC \ SC), Woto PTdC, Woto
—|BC, Woto *

ﬁSC, Woto

*

Lét oss underséka om den hir typen av 16sning kan generaliseras till ett antal
andra varianter av argument 1. Antag att det bara finns en bulle och en
syltmunk pa fatet. D4 tycks foljande argument vara giltigt.

Argument 2
Du far ta bullen eller syltmunken.
Det foljer att du far ta bullen och att du fér ta syltmunken.

En naturlig symbolisering av detta argument i kvantifierad deontisk logik ser
ut pa foljande sétt:

P(Tdb v Tds)
PTdb A PTds

Dar b refererar till bullen och s till syltmunken. Men detta argument &r inte
giltigt. Om vi ddremot anvdnder foljande symbolisering, forhéller det sig

annorlunda.

Vx((x=bvx=s)— PTdx)
PTdb A PTds

Enligt denna tolkning séger premissen: ”"Det géller for alla x att om x &r
identisk med bullen eller (x &r identisk) med syltmunken, sa ar det tillatet att

10
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du tar x”. Detta argument &r giltigt i SDL med predikatlogik, vilket bevisas
av foljande semantiska tabla.

Vx((x=bvx=s)— PTdx), woto
ﬁ(PTdb A\ PTdS), Woto
(b=bvb=s)— PTdb, wty
(s=bvs=s)— PTds, wyt,

"4 N
—|(b =bvb= S), Woto PTdb, Woto
—b=b, Wty 4 N
—b=s, Wty —(s=bvs=s), wety PTds, woty
* —S= b, Woto SWoW;to
—S =S8, Wolp Tdb, wity
* SWoW»to
TdS, Woty
4 N

ﬁPTdb, Woto —|PTdS, Woto
O—|Tdb, Woto O—|TdS, Woto
—|Tdb, wity —|TdS, Wty

* *

Rent spontant kan symboliseringen av premissen i detta argument forefalla
nagot langsokt. Men i ljuset av var formalisering av argument 1, tycks den
anda vara ganska naturlig och ger ett intuitivt rimligt resultat.

Foljande utvikning kanske ocksé kan stddja denna uppfattning. Antag att
det finns exakt en bulle pa fatet och exakt en munk pa fatet och ingenting
annat. Hur uttrycker man att du far ta ett av dessa bakverk, men inte
nddvindigtvis bdda (om man vill undvika den otympliga satsen “Det ar
tilldtet att du tar bullen och det &r tillatet att du tar munken”)? Det tycks
finnas tre mojligheter.

1. Du far ta bullen och munken.
2. Du far ta bullen eller du far ta munken.
3. Du far ta bullen eller munken.

1 ar for stark eftersom den innebér att du far ta bade bullen och munken, och
det &r inte det vi menar. 2 dr for svag eftersom den ar forenlig med att du inte
far ta bullen (och ocksé med att det dr forbjudet att du tar munken), &ven om
den inte &r forenlig med att det &r forbjudet att du tar bullen och forbjudet att
du tar munken. 3 tycks vara det enda alternativ som éterstar. Men 3 antyder
att fritt val tillatelser har den logiska formen P(A v B), vilket &r problematiskt
eftersom detta ar ekvivalent med PA v PB. Men om resonemangen hittills &r

11
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korrekta, sa kan inneborden av 3 tolkas pa foljande sitt: ”For vadhelst (som
finns pa fatet) som &r identiskt antingen med bullen eller med munken géller
det att du far ta det”, eller: ”For varje x (som finns pa fatet) sddant att x &r
identiskt med bullen eller med munken géller det att det &r tillatet att du tar
x”, vilket var precis vad vi ville uttrycka. ”Du far ta bullen eller munken, men
inte bada” kan symboliseras pa foljande sitt: Vx((x =b v x =m) — PTdx) A
—P(Tdb A Tdm). Fran detta foljer PTdm A PTdb. Men PTdm A PTdb medfor
inte P(Tdb A Tdm); {Vx((x =b v x = m) — PTdx) A —=P(Tdb A Tdm)} &r
konsistent.
Lat oss betrakta ytterligare ett exempel.

Argument 3 (Kamp (1973))
Du far ga till stranden eller pa bio.
Alltsa far du gé till stranden och du far ga pa bio.

Jag foreslar att detta argument kan tolkas pa tva sétt beroende pa om vi antar
att ”stranden” och “bio” refererar till en specifik strand och en specifik
biograf eller ”generiskt” till ndgon strand och négon biograf. (I avsnitt 9
ndmner jag ytterligare en tolkning.)

Argument 3’
Du far gé till stranden eller till biografen.
Alltsé far du ga till stranden och du fér ga till biografen.

Argument 3"
Du far gé till en strand eller till en biograf.
Alltsé far du ga till en strand och du far ga till en biograf.

Lat Gxy sta for ”x gar till y”, s referera till stranden, och b till biografen. D&
kan argument 3’ symboliseras pé foljande sétt: Premiss: Vx((x=sv x=b) —
PGdx). Slutsats: Vx(x =s — PGdx) A Vx(x = b — PGdx). Premissen ldses
”Det giller for alla x att om x &r lika med stranden eller (x ar lika med)
biografen, sa &r det tillatet att du gar till x”. Slutsatsen ldses Det géller for
alla x att om x &r identisk med stranden sa &r det tillatet att du gér till x och
det géller for alla x att om x &r identisk med biografen sa ar det tillatet att du
gér till x”.
Argument 3" kan i sin tur tolkas pé foljande sétt:

Argument 3"

Du far ga till en strand (vilken som helst) eller till en biograf (vilken
som helst). Dvs. Du fér ga till vilken strand som helst eller till vilken
biograf som helst.
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Alltsa far du ga till en strand, vilken som helst, och du far ga till en
biograf, vilken som helst. Dvs. Du far g till vilken strand som helst
och du far ga till vilken biograf som helst.

Lat Sx sta for x ar en strand, och Bx for x 4r en biograf. Da kan argument 3"’
symboliseras pa foljande sdtt. Premiss: Vx((Sx v Bx) — PGdx). Slutsats:
Vx(Sx = PGdx) A Vx(Bx — PGdx). Premissen lises ”Det giller for alla x att
om x &r en strand eller (x 4r) en biograf, si &r det tillatet att du gér till x”.
Slutsatsen ldses ”Det géller for alla x att om x &r en strand sé ar det tillatet att
du gar till x och det géller for alla x att om x &r en biograf sé ar det tillatet att
du gar till x.

Det bor vid det hir laget vara timligen uppenbart hur denna typ av analys
kan generaliseras.’

4. Problem 1: Tillbakadragna slutsatser
Lat oss nu undersoka nidgra mdjliga problem med denna 16sning.

Betrakta foljande scenario. Du befinner dig pa en restaurang och har étit
fardigt huvudritten. Servitrisen sdger da: ”Du fér ta en tartbit eller en bakelse
(till efterritt). Men jag vet inte vilket, jag &r ny hdr. Lat mig kolla med
koket”. I den hér situationen forefaller vi inte kunna dra slutsatsen att du far
ta en tartbit och att du fér ta en bakelse fran pastdendet att du fér ta en tartbit
eller en bakelse. Foljande argument tycks alltsa inte vara giltigt.

Argument 4
Du far ta en tartbit eller en bakelse.
Alltsa far du ta en tartbit och du far ta en bakelse.

Men om vi symboliserar detta argument pa samma sdtt som vi symboliserade
argument 1, s& blir resultatet giltigt. F6ljande formalisering av argument 4 &r
giltig. Premiss: Vx((Tx v Bx) — PTdx). Slutsats: Vx(Tx — PTdx) A Vx(Bx
— PTdx). Vad bor vi sdga om den hir invdndningen mot var analys?

Ett enkelt svar gar ut pa att vi bor symbolisera detta argument pa ett sétt
som tar hansyn till den kontext i vilken premissen yttras, t.ex. pa foljande
sitt. Premiss: P(T v B) [P(3x(Tx A Tdx) v Ix(Bx A Tdx))], slutsats: PT A PB

3 Hir foljer emellertid en lista pa ytterligare argument som tycks kunna symboliseras pa liknande
sétt. Du far skriva en uppsats om Hume eller (om) Kant. Alltsd far du skriva en uppsats om
Hume och du far skriva en uppsats om Kant (Hansson 2013). Du fér skriva en uppsats om en
tysk (filosof) eller en engelsk filosof. Alltsa far du skriva en uppsats om en tysk filosof och du
far skriva en uppsats om en engelsk filosof. Du far framfora en sang eller en dans. Alltsa far du
framfora en sdng och du far framfora en dans. Du far ta ett dpple eller ett piron. Alltsa far du ta
ett dpple och du far ta ett paron (Merin 1992, van Rooy 2000, Schulz 2005b). Jane far besoka
Henry eller Matilda. Alltsa far Jane besoka Henry och Jane far besoka Matilda (Simons 2005).
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[PIX(Tx A Tdx) A PAx(Bx A Tdx)], dér T star for ”Du tar en tartbit” och B star
for ”Du tar en bakelse” [Tx: x dr en tartbit, Bx: x dr en bakelse, Txy: x tar y].
Fran P(T v B) [P(3x(Tx A Tdx) v 3x(Bx A Tdx))] foljer PT v PB [P3x(Tx A
Tdx) v PIx(Bx A Tdx)] i SDL. Men PT A PB [P3x(Tx A Tdx) A Px(Bx A
Tdx)] dr, som vi redan har papekat, inte hirledbar fran P(T v B) [P(3x(Tx A
Tdx) v Ix(Bx A Tdx))]. Enligt denna tolkning &r argument 4 inte giltigt.
Diremot kan vi sluta oss till att det dr tillatet att du tar en tartbit eller tillatet
att du tar en bakelse. Och detta tycks stdmma vidl Overens med vara
intuitioner. Dvs. vi tycks kunna sluta oss till att det &r tilltet att du tar en
tartbit eller tillatet att du tar en bakelse i vart scenario, men inte att det &r
tillatet att du tar en tartbit och att det &r tillatet att du tar en bakelse.

Vissa problem kvarstar dock. Hur vet vi t.ex. nér vi skall symbolisera ett
argument pa det ena eller det andra séttet? Kan vi siga nagot om detta?

Lat oss gé tillbaka till satserna 1-4 och se hur dessa skulle kunna
symboliseras i ett kvantifierat temporalt aletiskt-deontiskt system dér vi antar
att det forflutna och nuet dr determinerat, men dér framtiden kan vara 6ppen.
I ett sddant system ror alla praktiska normer framtiden (se Ronnedal (2012)).
F &r en satsoperator som ldses “Det kommer nidgon ging i framtiden vara
fallet att”. Da formaliserar vi 1-4 pa foljande sitt.

1", Ix(Kx A PETdx). Det finns ett x sddant att x ar en kaka och det ar
tillatet att du tar x (ndgon géng i framtiden).

2", PIx(Kx A ETdx). Det ér tillatet att det finns ett x sédant att x &r en
kaka och du tar x (ndgon géng i framtiden).

3" Vx(Kx — PFTdx). Det giller for alla x att om x dr en kaka, s& &r
det tillatet att du tar x (ndgon géng i framtiden).

4". PVx(Kx — FTdx). Det ar tillatet att det géller for alla x att om x &r
en kaka, sé tar du x (ndgon géng i framtiden).

Och dessa satser dr i ett sddant system inte helt logiskt oberoende av
varandra. Tvirt om, man kan notera flera intressanta implikationer. Lat oss
sammanfatta dessa i ett teorem.

Teorem 2. (i) (1") Ix(Kx A PETdx) och (2") P3x(Kx A FTdx) ar logiskt
ekvivalenta. (ii) (3") Vx(Kx — PETdx) medfor (1") 3x(Kx A PETdx) och (2")
PIx(Kx A FTdx) givet att det finns &tminstone ett K. (iii) (4") PVx(Kx —
FTdx) medfor (3"”) Vx(Kx — PETdx). (iv) (4"”) PVx(Kx — FTdx) medfor
(1" Ix(Kx A PETdx) och (2') PIx(Kx A FTdx) om det finns atminstone ett
K. (v) Varken (1") 3x(Kx A PFTdx) eller (2") Pax(Kx A FTdx) medfor (3")
Vx(Kx — PETdx). (vi) Det édr inte fallet att (3") Vx(Kx — PFTdx) medfor
(4") PVx(Kx — FTdx). (vii) Det &r varken fallet att (1") Ix(Kx A PETdx)
eller (2") PIx(Kx A FTdx) medfor (4"") PVx(Kx — FTdx).
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Bevis. Jag skall ga igenom nagra av dessa punkter. (i) Vi visar att PIx(Kx
A FTdx) och 3Ix(Kx A PETdx) &r ekvivalenta genom att forst bevisa att
PIx(Kx A FTdx) medfor 3x(Kx A PFTdx) och sedan att I3x(Kx A PFTdx)
medfor PIx(Kx A FTdx).

PIx(Kx A FTdx), wot
—3x(Kx A PETdx), wotg
Vx—=(Kx A PETdX), wot

SWoW ity
Ix(Kx A FTdx), witg
TWoW to
Kc A FTdc, witg
KC, wity
ETdC, wity
—|(KC AN PETdC), Woto
4 N
—|KC, Woto _lPETdC, Woto
KC, Woto OﬁETdC, Woto
* —|£TdC, wity
*

Foljande semantiska tabld bevisar att Ix(Kx A PFTdx) medfor PIx(Kx A
FTdx).

Ix(Kx A PETdX), wot
—P3x(Kx A FTdx), wotg
O—3x(Kx A FTdx), wtg

Kca PETdC, Woto
KC, Woto
PETdC, Woto
SWoW ity
ETdC, wity
TWoW;to
—3x(Kx A ETdx), witg
VX—|(KX AN ETdX), wity
—(Kc A FTdc), witg
4 N
—|KC, wity —|£TdC, wity
KC, Wity *
*
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(i) Lat oss bevisa att Vx(Kx — PFTdx) och 3xKx medfor Ix(Kx A PFTdx).
Det &r enkelt att se att denna hérledning &r giltig av rent predikatlogiska skal.
Eftersom P3x(Kx A FTdx) dr ekvivalent med Ix(Kx A PETdx) foljer det
omedelbart att Vx(Kx — PFTdx) och 3xKx ocksd medfor PIx(Kx A FTdx).
Detta bevis kriver inga sérskilda antaganden.

IxKx, woty
Vx(Kx — PETdx), woty
—3x(Kx A PETdx), wotg
Vx—(Kx A PETdx), wotg
KC, Woto
Kc — PFTdc, woty
—|(KC A PETdC), Woto
"4 N
—|KC, Woto PETdC, Woto
* 4 N
ﬂKC, Woto —|PETdC, W()t()
% *

(iii) Foljande semantiska tabla bevisar att PVx(Kx — FTdx) medfor Vx(Kx
— PFTdx).

PVx(Kx — FTdx), wotg
—|\V/X(KX e PETdX), Woto
Ix—(Kx — PFTdx), woty

—|(KC - PETdC), Woto
KC, Woto
ﬁPETdC, Woto
OﬁETdC, Woto
SWoW it
Vx(Kx — FTdx), witg
rwowto
Kec — ETdC, wity
4 N
—|KC, Wity ETdC, wity
KC, wity ﬁETdC, wity
* *

(iv) Eftersom Vx(Kx — PETdx) och 3xKx medfor bade PIx(Kx A ETdx) och
Ix(Kx A PETdx) foljer det omedelbart (frdn steg (iii)) att PVx(Kx — FTdx)
och IxKx medfor bade PIx(Kx A FTdx) och 3x(Kx A PFTdx). B
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Det géller alltsé (i dessa system) att ”Du far ta alla kakor” ar starkare dn
”Du far ta vilken kaka som helst”, och att ”Du far ta vilken kaka som helst”
ar starkare dn ”Du fér ta en kaka” (da denna sats tolkas som 1" eller 2") och
vi antar att det finns atminstone en kaka.

Vad har nu dessa fakta med fritt val tillatelser paradoxen att gora och vart
nuvarande problem med den analys jag har foreslagit?

Eftersom ”Du far ta vilken kaka som helst” dr starkare &n ”Du fér ta en
kaka” tolkad som 1" eller 2" (givet att det finns dtminstone en kaka), &r det
naturligt att borja med att tolka ”Du far ta en kaka” som ”Du fér ta en kaka,
vilken som helst”, dvs. ”Du far ta vilken kaka som helst”. Men detta kan dras
tillbaka i vissa kontexter. Om ndgon sdger "Du féar ta en kaka, men jag vet
inte vilken” ar det rimligt att tolka denna sats som 1" eller 2".

Likadant tycks det forhélla sig i vart scenario. Antag att var nya servitris
sdger ”Du far ta en tartbit eller en bakelse (till efterritt). Men jag vet inte
vilket, jag dr ny har. Lat mig kolla med kdket”. Da tycks det vara rimligt att
symbolisera ”Du fér ta en tartbit eller en bakelse pa foljande sitt P(3x(Tx A
FTdx) v 3y(By A FTdy)) och inte som Vx((Tx v Bx) — PFTdXx).

Ett potentiellt problem med denna tolkning &r dock att servitrisen kanske
inte enbart vill séga att det finns en sdrskild tartbit eller en sérskild bakelse
som det &r tillatet att ta, utan att det antingen &r tilldtet att du tar vilken tértbit
som helst eller tillatet att du tar vilken bakelse som helst.

Men om detta &r fallet, kan vi helt enkelt tolka ”Du far ta en tartbit eller
en bakelse” som ett elliptiskt uttryck, dvs. som en forkortning av ”Du far ta
en tartbit eller ocksa far du ta en bakelse”, vilket i detta fall siger samma sak
som ”Du fér ta vilken tartbit som helst eller ocksa far du ta vilken bakelse
som helst”.

Den hér invéindningen mot var analys tycks alltsd kunna bemétas. Lat oss
nu istéllet undersoka (vad som forefaller vara) en allvarligare invéndning.

5. Problem 2: Inget fritt val

”Du far ta vilken kaka som helst” medfor att du far ta kaka 1, att du far ta
kaka 2, att du fér ta kaka 3... osv. Detta utesluter inte att det 4r obligatoriskt
att du tar alla kakor. ”Det dr obligatoriskt att du tar alla kakor” medfor att det
ar obligatoriskt att du tar kaka 1, att det &r obligatoriskt att du tar kaka 2, att
det &r obligatoriskt att du tar kaka 3... osv. Men om det ar obligatoriskt att du
tar alla kakor, sé tycks du inte ha nagot (moraliskt) fritt val. Du 4r inte fri att
vélja bland kakorna. Att anvinda Vx(Kx — PTdx) som en symbolisering av
en fritt val tillatelse tycks darfor inte vara helt tillfredsstédllande. Att det géller
for varje kaka att du far ta den garanterar inte att du ar (moraliskt) fri att vélja
bland kakorna.

Hur skall man stélla sig till detta problem?
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6. Ldsningsforslag 2

Jag har hittills anvént operatorn P for att uttrycka att ndgonting r tillatet. En
anledning &r att detta angreppssdtt dominerar i litteraturen om (FVT)
paradoxen. Ett annat sk&l &r att det torde vara ldttare att forstd foljande
16sningsforslag om man forst har gatt igenom det forsta ndgot enklare
forslaget. (Se ocksa avsnitt 8 for ytterligare en mojlig anledning.) Mitt andra
16sningsforslag bygger pa att det ofta dr naturligare att anvénda operatorn K
(deontisk kontingens) dn P i symboliseringen av fritt val tillatelser. K kan
definieras i termer av P pa foljande sitt: KA <> (PA A P=A). KA lises "Det
ar deontiskt kontingent att A”, ”A ar frivillig”, ”Det &r ett fritt val huruvida A
eller ¢j”, ”Det &r tillatet [i den meningen att det ar ett fritt val] att A”...

Antag att en ldrare séger till sina elever: “Lektionen &r frivillig” eller ”Du
far fritt vélja om du skall ga pa lektionen eller inte”. For att symbolisera
denna tillatelse ar det naturligt att anvénda K. ”Lektionen &r frivillig” tycks
kunna anvéndas for att sdga samma sak som ”’Du far fritt vdlja om du skall g&
pa lektionen eller inte”, som forefaller sdga samma sak som ”Det 4r tillatet att
du gér pa lektionen och det &r tillatet att du inte gar pa lektionen”. Antag att
G star for ”Du gar pa lektionen”. D& symboliseras ”Du fér fritt vélja om du
skall ga pa lektionen eller ej” pa foljande sitt: KG. KG medfér PG A P-G
och PG A PG medfor KG. Detta &r intuitivt rimligt. Féljande argument
tycks t.ex. vara giltiga.

Du far fritt vdlja om du skall ga pé lektionen eller inte. Alltsa, det ar
tillétet att du gar pé lektionen och det ir tillatet att du inte gér pa
lektionen.

Det ér tillatet att du gar pa lektionen och det ar tillatet att du inte gar
pa lektionen. Alltsé, du far fritt vdlja om du skall ga pa lektionen eller
inte.

PG ér forenlig med OG, dvs. det &r tillatet att du gér pa lektionen &r forenligt
med att det dr obligatoriskt att du gar péd lektionen. Att anvéinda P for att
symbolisera ’Lektionen &r frivillig” eller ”Du far fritt védlja om du skall ga pa
lektionen eller inte” ar dérfor suspekt. Foljande yttrande &r maérkligt:
”Lektionen dr frivillig, men ni maste ga pa den” och om en lérare sa detta till
sina elever skulle de nog ha svért att forstad vad hon egentligen menade. “Det
ar tillatet att ni gar pa lektionen... Faktum &r att det ar obligatoriskt” tycks
déremot kunna uttrycka ett pastdende som ar sant.

Ibland tycks det ocksd vara rimligt att anvdnda K for att symbolisera
satser som innehéller ord som “far”, "tillatet” och liknande. Aterigen, antag
att du dr hos din farmor och farfar och att farmor stricker fram ett fat fyllt
med en massa bullar och samtidigt sdger ”Du far ta en bulle”. En mgjlig
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symbolisering av denna sats som anvénder K skulle kunna se ut pa foljande
sitt: Vx(Bx — KFTdx) = Vx(Bx — (PFTdx A P=FTdx)). Denna formella sats
lases ”For varje bulle [péa fatet] giller det att det &r tillatet att du tar den
(ndgon gang i framtiden) och att det &r tillatet att du inte tar den (ndgon géng
i framtiden)” eller ”For varje x géller det att om x &r en bulle [pa fatet], sa ar
det tillatet att du tar x (ndgon gang i framtiden) och det ar tillatet att du inte
tar x (ndgon gang i framtiden)”. Vx(Bx — (PETdx A P—FTdx)) ér ekvivalent
med Vx(Bx — PETdx) A Vx(Bx — P—FTdx), som ldses ”Det giller for varje
X att om x &r en bulle sd dr det tillatet att du tar x (nagon gang i framtiden)
och det géller for alla x att om x &r en bulle sa ar det tillatet att du inte tar x
(ndgon gang i framtiden)”, dvs. det ar tillatet att du tar vilken bulle som helst
och det ar tillatet att du later bli att ta vilken bulle som helst. Om vi
symboliserar ”Du far ta en bulle” pa detta sitt och antar att det finns
atminstone en bulle, sd utesluter det att det &r obligatoriskt att du tar alla
bullar. Det har kommer mycket ndra vad vi ofta avser med en fritt val
tillatelse tror jag.

Vi visar nu att 3xBx och Vx(Bx — P—=FTdx) medfor mOVx(Bx — FTdx).
Det dr litt att se att det foljer att IxBx och Vx(Bx — KFTdx) medfor
—0Vx(Bx — FTdx). Med andra ord, om vi antar att det finns d&tminstone en
bulle och det géller for varje bulle att du fritt far vdlja om du skall ta den eller
inte, sa ar det inte obligatoriskt att du tar alla bullar.

IxBx, woty
Vx(Bx — P—FTdx), wot,
——OVx(Bx — FTdx), woty

OVx(Bx — FTdx), wot
BC, Woto
Bc— PﬁETdC, Woto
4 N
—|BC, Woto PﬁETdC, Woto
* SWowW 1ty
_|ETdC, wity
TwWow to

Vx(Bx — FTdx), witg
Bc— ETdC, wito
"4 N
—|BC, wity ETdC, wity
BC, wity *
*

Betrakta pa nytt satserna 1-4. Om vi anviander K istéllet for P for att
symbolisera dessa satser kan vi formalisera 1-4 pa foljande sétt.
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1", Ix(Kx A KFTdx) [ Ix(Kx A (PETdx A P=FTdx))]. 1" ldses ”Det
finns ett x saddant att x dr en kaka och det ar tillatet att det ndgon gang i
framtiden kommer att vara fallet att du tar x och det é&r tillatet att det
inte &r fallet att det ndgon géng i framtiden kommer att vara fallet att
du tar x”, eller, forenklat, ”Det finns en kaka sédan att du fritt far vilja
om du skall ta den eller inte (ndgon géng i framtiden)”.

2" KIx(Kx A FTdx) [ PIx(Kx A FTdx) A P=3x(Kx A FTdx)]. 2"
lases “Det ér tillatet att det finns ett x sadant att x &r en kaka och det
kommer nagon gang i framtiden vara fallet att du tar x och det &r
tillatet att det inte &r fallet att det finns ett x sddant att x 4r en kaka och
det kommer négon gang i framtiden vara fallet att du tar x”. Forenklat
kan detta uttryckas ”Du far fritt vdlja om du skall ta en kaka eller inte
(nagon géng i framtiden)”.

3" Vx(Kx = KFTdx) [& Vx(Kx — (PETdx A P=FTdx))]. 3" ldses
”Det géller for alla x att om x ar en kaka, s dr det tillatet att det nagon
gang i framtiden kommer vara fallet att du tar x och det &r tillatet att
det inte &r fallet att det nadgon gang i framtiden kommer vara fallet att
du tar x”. 3" kan ocksa, forenklat, 14sas pa foljande sitt “For varje
kaka géller det att du fritt far vdlja om du skall ta den eller inte (ndgon
gang i framtiden)”.

4" KVx(Kx — FTdx) [& PVx(Kx — FTdx) A P=Vx(Kx — FTdx)].
4" tolkas pé foljande sitt "Det &r tillatet att det géller for alla x att om
x ar en kaka, s& kommer det ndgon gang i framtiden vara fallet att du
tar x och det &r tillatet att det inte &r fallet att det géller for alla x att
om x dr en kaka, s& kommer det nagon gang i framtiden vara fallet att
du tar x”. Forenklat kan detta uttryckas ”Du far fritt vdlja om du skall
ta alla kakor eller inte (ndgon géng i framtiden)”.

Notera att det inte &r fallet att 1" och 2" &r logiskt ekvivalenta och att det
inte ar fallet att 4" 4r starkare dn 3'’. Déaremot finns det flera andra
intressanta relationer mellan dessa formler och mellan dessa formler och
tidigare symboliseringar av 1-4. Lat oss sammanfatta nagra av dessa i ett par

teorem.
Teorem 3. (i) (3") Vx(Kx — KFTdx) och IxKx medfor (1) Ix(Kx A

KETdx). (ii) (3") Vx(Kx — KFTdx), som per definition ar ekvivalent med
Vx(Kx — (PETdx A P—FTdx)), dr logiskt ekvivalent med Vx(Kx — PFTdx)
A Vx(Kx — P—FTdx). (iii) (3"") Vx(Kx — KFTdx) medfor (3") Vx(Kx —
PETdx). (iv) (2"") KIx(Kx A ETdx) medfor (1) Ix(Kx A KETdx). (v) (4")
PVx(Kx — FTdx) och P—3x(Kx A FTdx) medfor (3"') Vx(Kx — KFTdx).
(vi) P¥x(Kx — FTdx) A =O3x(Kx A FTdx) medfor (3") Vx(Kx — KFTdx).
(vii) PVx(Kx — Tdx) A PVx(Kx — —Tdx) medfor (3"") Vx(Kx — KFTdx).
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(viii) (4" KVx(Kx — FTdx) och K—3x(Kx A FTdx) medfor (3"") Vx(Kx —
KFTdx). (ix) (1"") Ix(Kx A KFTdx) medfor (1") 3x(Kx A PFTdx).

Bevis. Lat oss bevisa nagra av dessa punkter. (i) (3"") Vx(Kx — KFTdx)
och IxKx medfor (1) Ix(Kx A KFTdx). Dvs. foljande argument &r giltigt.
Det géller for varje kaka att du fritt far vélja om du skall ta den eller inte
(ndgon ging i framtiden). Det finns dtminstone en kaka. Alltsé finns det en
kaka som du fritt far vélja om du skall ta eller inte (ndgon gang i framtiden).
Detta argument &r giltigt av rent predikatlogiska skil. Notera att Vx(Kx —
KFETdx) per definition &r ekvivalent med Vx(Kx — (PETdx A P=FTdx)) och
att Ix(Kx A KFTdx) per definition dr ekvivalent med Ix(Kx A (PETdx A
P—FTdx)). Alltsa &r ocksa foljande argument giltigt. For varje kaka géller det
att det ar tillatet att du tar den (ndgon gang i framtiden) och att det &r tillatet
att du inte tar den (ndgon gang i framtiden). Alltsa finns det en kaka sédan att
det &r tillatet att du tar den (ndgon géng i framtiden) och det &r tillatet att du
inte tar den (ndgon gang i framtiden). Jag har anvént mig av dessa fakta i steg
4 och 5 i nedanstdende semantiska tabla.

IxKX, woto
Vx(Kx — KFTdx), wto
—3x(Kx A KFTdXx), wotg
Vx(Kx — (PFTdx A P=FTdx)), woty
—3x(Kx A (PETdx A P=FTdx)), wotg
Vx—(Kx A (PETdx A P—FTdx)), woto
KC, Woto
Kc — (PETdc A P=FTdc), wotg
—(Kc A (PETdc A P=FTdc)), woty
(PETdC A PﬁETdC), Woto
4 N
—|KC, Woto ﬂ(PETdC A PﬁETdC), Woto
%

*

@iy (3" Vx(Kx — KFTdx) &r per definition ekvivalent med Vx(Kx —
(PETdx A P—FTdx)), och denna sats ar logiskt ekvivalent med Vx(Kx —
PFTdx) A Vx(Kx — P—FTdx), vilket vi kan bevisa med hjélp av vanliga
predikatlogiska regler. Detta innebar att ”Det géller for varje kaka att du fritt
far vélja om du skall ta den eller inte (ndgon gang i framtiden)” &r ekvivalent
med ”Det giller for varje x att om x &r en kaka sé ar det tillatet att du tar x
(nagon gang i framtiden) och det giller for varje x att om x 4r en kaka sé &r
det tillatet att du inte tar x (ndgon gang i framtiden)”.

(iii) (3") Vx(Kx — KFTdx) medfor (3”) Vx(Kx — PFTdx). Detta foljer
omedelbart ifrén steg (ii) ovan. Diaremot giller inte det omvénda, dvs. det &r
inte fallet att (3'") medfor (3""). (3") &r alltsa starkare dn (3").
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(iv) (2" KIx(Kx A ETdx) medfor (1) Ix(Kx A KFTdx). Dvs. foljande
argument &r giltigt. Du fér fritt vélja om du skall ta en kaka eller inte (nagon
gang i framtiden). Alltsé finns det en kaka som du fritt far vdlja om du skall
ta eller inte (ndgon géng i framtiden).

Nedan visar vi att det omvénda inte géller (se teorem 4). Dvs. det dr inte
fallet att (1"") medfor (2'). (2") &r alltsé starkare an (1'").

Notera att KIx(Kx A FTdx) per definition dr ekvivalent med P3x(Kx A
FTdx) A P—3x(Kx A FTdx), och att Ix(Kx A KFTdx) per definition &r
ekvivalent med Ix(Kx A (PFTdx A P—FTdx)). Jag anvénder mig av dessa
fakta i steg 1, 2 och 3 i nedanstdende semantiska tabla.

PIx(Kx A FTdx), wotg
P—3x(Kx A FTdx), woty
—3Ix(Kx A (PFTdx A P=FTdx)), woto
Vx—(Kx A (PETdx A P=FTdx)), woty
SWoW ity
Ix(Kx A FTdx), witg
rwow it
Kc A ETdC, wity
KC, wity
ETdC, Wity
KC, Woto
SWoW»to
—3x(Kx A FTdx), wt
Irwow,ty
Vx—(Kx A FTdx), watg
KC, Wotp
—(Kc A (PETdc A P—FTdc)), woty
4 N

—|KC, Woto _l(PETdC A\ PﬁETdC), Woto
* "4 N
ﬁPETdC, Woto —|P—|ETdc, Woto
OﬁETdC, Woto O—|—|ETdC, Woto
_|ETdC, wity ﬁﬁETdC, W2t0
* —|(KC AN ETdC), Wty
"4 N
—|KC, Wty ﬁETdC, Wty
* %

(V) (4") PVx(Kx — FTdx) och P—3x(Kx A FTdx) medfor (3") Vx(Kx —
KFTdx). Vx(Kx — KFTdx) ar ckvivalent med Vx(Kx — (PETdx A
P—FTdx)). Sa for att visa (v) racker det med att visa att premisserna medfor
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Vx(Kx — (PETdx A P—FTdx)). Detta innebir att foljande argument &r giltigt.
Det ar tillatet att du tar alla kakor och det &r tillatet att du inte tar ndgon kaka
alls. Alltsa géller det for varje kaka att du far ta den eller inte. Lite mer exakt,
men ndgot osmidigare, kan detta uttryckas pa foljande sitt. Det &r tillatet att
det giller for varje x att om x dr en kaka, si kommer det nidgon gang i
framtiden vara fallet att du tar x. Det ar tillatet att det inte finns nagot x
sadant att x dr en kaka och det kommer négon géng i framtiden vara fallet att
du tar x. Alltsé géller det for varje x att om x dr en kaka, sa ar det tilldtet att
du ndgon gang i framtiden tar x och det &r tillatet att det inte ar fallet att du
nagon gang i framtiden tar x.

PVx(Kx — FTdx), wotg
P—3x(Kx A FTdx), woty
—Vx(Kx — (PFTdx A P=FTdx)), woty
Ix—(Kx — (PETdx A P=FTdx)), woty
—(Kc — (PETdc A P—ETdc)), wotg
KC, Woto
ﬁ(PETdC A PﬁETdC), Woto
SWowW ity
Vx(Kx — FTdx), witg
Ke— ETdC, wity
TWoW to
KC, Wity
ETdC, Wity
SWoW>ty
—3x(Kx A FTdx), watg
Vx—(Kx A FTdx), wat,
TWoWsto
KC, Wt
4 N
ﬂPETdC, Woto —|P—|£TdC, Woto
OﬂETdC, Woto O—|—|ETdC, Woto
_|ETdC, Wity —|(KC A ETdC), Woto
* "4 N
ﬂKC, Wato _|ETdC, Wato
* —|—|£TdC, Wty
*

P—3x(Kx A FTdx) &r ekvivalent med —-O3x(Kx A FTdx) och med PVx(Kx —
—FTdx). Dérfor ar ocksa foljande tva argument giltiga.

(vi) PVx(Kx — FTdx) A =O3x(Kx A FTdx) medfor Vx(Kx — KFTdx).
Intuitivt, och forenklat, séger detta argument foljande. Det r tillatet att du tar
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alla kakor, men du behdver inte (méste inte) ta ndgon kaka alls. Alltsa géller
det for varje kaka att du fritt far vélja om du skall ta den eller inte.

(vii) PVx(Kx — FTdx) A PVx(Kx — —FTdx) medfor Vx(Kx — KFTdx).
Intuitivt, och forenklat, séger detta argument foljande. Om det é&r tillatet att du
tar alla kakor och det ar tillatet att det géller for varje kaka att du inte tar den,
sa giller det for varje kaka att det ar tillatet att du tar den och att det &r tillatet
att du inte tar den.

(viii) (4"") KVx(Kx — FTdx) och K—3x(Kx A FTdx) medfor (3") Vx(Kx
— KFTdx). Nagot forenklat sédger detta argument foljande. Du far fritt vélja
om du skall ta alla kakor eller inte och du far fritt vdlja om du inte skall ta
nagon kaka alls eller inte. Alltsa géller det for varje kaka att du fritt far vilja
att ta den eller inte. KVx(Kx — FTdx) &r logiskt ekvivalent med PVx(Kx —
FTdx) A P=Vx(Kx — FTdx) och K—3x(Kx A FTdx) med P—3x(Kx A FTdx)

A P—3x(Kx A FTdx). Eftersom vi redan har bevisat steg (v) ovan ar det latt
att se att detta argument ar giltigt.

(ix) (1") Ix(Kx A KFTdx) medfor (1”) Ix(Kx A PETdx). Intuitivt, och
forenklat, sdger detta argument. Det finns en kaka som du fritt far vélja om
du skall ta eller inte. Alltsa finns det en kaka som du far ta. Eftersom Ix(Kx A
KETdx) per definition dr ekvivalent med 3x(Kx A (PETdx A P—FTdx)) ar det
latt att se att (1'"") medfor (1') av rent predikatlogiska skil. Daremot medfor
(1) inte (1'"). (1) &r alltsé starkare dn (1'). ®

Teorem 4. (i) Det dr inte fallet att (1”) Ix(Kx A PFTdx) medfor (3")
Vx(Kx — PFTdx). (ii) Det &r inte fallet att (2"") PIx(Kx A FTdx) medfor (3")
Vx(Kx — PETdx). (iii) Det &r inte fallet att (1"") Ix(Kx A PETdx) medfor (4")
PVx(Kx — FTdx). (iv) Det ér inte fallet att (2") PIx(Kx A FTdx) medfor (4”)
PVx(Kx — FTdx). (v) Det dr inte fallet att (3") Vx(Kx — PFTdx) medfor
(4") PVx(Kx — FTdx). (vi) Det ar inte fallet att (3"") Vx(Kx — KFTdx)
medfor (4"") KVx(Kx — FTdx). (vii) Det dr inte fallet att (1) Ix(Kx A
KETdx) medfor (2"") K3Ix(Kx A FTdx). (viii) Det &r inte fallet att (4"")
KVx(Kx — FTdx) medfor (3"") Vx(Kx — KFTdx).

Bevis. (i) Det 4r inte fallet att (1') Ix(Kx A PFTdx) medfor (3”) Vx(Kx —
PFTdx). Foljande modell visar detta. W dr midngden av alla mojliga vérldar,
T &r méngden av alla tidpunkter, D &r doménen av entiteter vi kvantifierar
over, Sww't innebar att w’ ar deontiskt tillgdnglig fran w vid t, Rww't att w’
ar aletiskt tillgénglig fran w vid t och t < t' att t intréaffar fore t' (t' efter t).° W
= {W(), Wl}, T= {t(), tl}, D= {C, d, f}, to < t;. SW()Wlto, SW[WIto, SWOWOtl,
Swywit;. I ty ar alla mojliga virldar aletiskt tillgéngliga fran alla mdjliga
vérldar. Rwowgt;, Rw;wit;. K¢ och Kf ér sanna i w, vid t, och i w; vid ty, Tdc

® For mer information om den typ av semantik jag anvinder hir, se Rénnedal (2012), (2012b)
och (2014).

24



Fritt Val Tillatelser

dr sann i w; vid t; och Tdf ér falsk i wy vid t;.” Sanningsvirdena hos nagra
centrala satser kan nu rdknas ut pa foljande sdtt. woty: Kc, Kf, PFTdc,
—PFTdf, Kc A PFTdc, —(Kf — PETdf), Ix(Kx A PFTdx), =Vx(Kx —
PETdx). wty: ETde, —=FTdf. wt;: Tde, —Tdf. Lét oss i detalj g& igenom hur
denna modell bevisar var slutsats for att belysa detta sdtt att resonera.
Eftersom Tdc 4r sann i w; vid t; och ty < t;, sd dr FTdc sann i w; vid t,. Det
foljer att PETdc dr sann i wy vid ty, eftersom Swow ty. Tdf &r inte sann i w,
vid t;. Eftersom t; &r den enda tidpunkt som intréffar efter t, foljer det att
—FTdf ar sann i w; vid t,. Alltsd dr —PFTdf sann i w, vid t,, for w; dr den
enda vérld som dr deontiskt tillgénglig fran w, vid t,. Séledes &r Kc A PETdc
sann 1 wy vid ty. For bade Kc och PFTdc ér sanna i denna virld vid denna
tidpunkt. Det foljer att Ix(Kx A PETdx) dr sann i wq vid to. Eftersom Kf ar
sann i wy vid ty och PETdf &r falsk i denna vérld vid denna tidpunkt f6ljer det
att Kf — PFTdf ar falsk i wy vid t,. Saledes kan vi sluta oss till att Vx(Kx —
PFTdx) ar falsk i w, vid ty. I denna modell ar alltsd Ix(Kx A PETdx) sann i w,
vid ty och Vx(Kx — PFTdx) falsk i w, vid ty. Det foljer att det inte &r fallet att
(1" Ix(Kx A PETdx) medfor (3") Vx(Kx — PFTdx).

(ii) Det dr inte fallet att (2”) PIx(Kx A FTdx) medfor (3") Vx(Kx —
PFTdx). Eftersom 3x(Kx A PFTdx) inte medfor Vx(Kx — PFTdx) och Ix(Kx
A PETdx) dr logisk ekvivalent med PIx(Kx A FTdx), sa foljer inte Vx(Kx —
PFTdx) ur Pax(Kx A FTdx). Vi kan anvénda samma modell som i (i) for att
visa detta. Da kan vi rdkna ut sanningsvédrdena hos nédgra centrala satser pa
foljande sétt. woty: Kc, Kf, PIx(Kx A FTdx), —PFTdf, —(Kf — PFTdf),
—Vx(Kx = PFTdx). wity: Ke, Kf, FTdc, —=FTdf, Kc A FTdc, 3x(Kx A FTdx).
wit;: TdC, —Tdf.

(iii) Det éar inte fallet att (1) 3x(Kx A PFTdx) medfor (4”) PVx(Kx —
FTdx). Eftersom 3x(Kx A PETdx) inte medfor Vx(Kx — PFTdx) och PVx(Kx
— FTdx) medfor Vx(Kx — PFTdx), s medfor Ix(Kx A PFTdx) inte PVx(Kx
— FTdx). Vi kan anvéinda samma modell som i (i) for att visa detta.

(iv) Det ir inte fallet att (2") PIx(Kx A FTdx) medfor (4”) PVx(Kx —
FTdx). Eftersom 3x(Kx A PFTdx) inte medfor PVx(Kx — FTdx) och Ix(Kx A
PFTdx) ar logiskt ekvivalent med PIx(Kx A FTdx), sa foljer inte PVx(Kx —
FTdx) ur PIx(Kx A FTdx). Vi kan anvdnda samma modell som i (i) for att
visa detta.

(v) Det ér inte fallet att (3") Vx(Kx — PFTdx) medfor (4”) PVx(Kx —
FTdx). Foljande modell visar detta. W = {w,, wi, wo}, T = {to, t;}, D = {c, d,
f}, to < t;. SW()Wlt(), SW()Wzto, SW1W2t0, SW2W1t0, SWlwlto, SW2W2t0. 1 to ar alla
mojliga vérldar aletiskt tillgdngliga fran varandra. I t; 4r alla mojliga vérldar

7 Ovriga sanningsvirden hos satser i olika vérld-tidpunkt par &r i sammanhanget ointressanta.
Man kan anta att de dr sanna eller falska, vilket som. Detta giller dven Gvriga motexempel
nedan.
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aletiskt och deontiskt tillgéngliga fran sig sjdlva men inte fran nadgon annan
mojlig vérld. Vid t, dr Kc och Kf sanna i varje mdjlig vérld. Tdc ér sann i w;
vid t; och Tdf &r falsk. Tdf dr sann i w, vid t; och Tdc falsk. D4 kan vi rdkna
ut foljande sanningsvirden hos nagra centrala satser. woty: Kc, Kf, =PVx(Fx
— FTdx), PFTdc, PETdf, K¢ — PETdc, Kf — PFTdf, Vx(Kx — PFTdx).
wity: Kc, Kf, FTdc, —FTdf, —(Kf — FTdf) —=Vx(Kx — FTdx). wit;: Tdc,
—Tdf. wyty: Ke, Kf, FTdf, —FTdc, —=(Kc — FTdc), =Vx(Kx — FTdx). wst;:
—|TdC, Tdf.

(vi) Det ar inte fallet att (3"") Vx(Kx — KETdx) medfor (4"") KVx(Kx —
FTdx). Detta ar ekvivalent med att det inte &r fallet att Vx(Kx — (PETdx A
P—FTdx)) medfor PVx(Kx — FTdx) A P=Vx(Kx — FTdx). Vi kan anvénda
samma modell som i (v) for att visa detta. Hér foljer de relevanta
sanningsvardena. wyty: Ke, Kf, =PVx(Fx — FTdx), PETdc, PETdf, P—FTdc,
P—FETdf, PETdc A P—ETdc, PETdf A P—ETdf, Kc — (PETdc A P—FTdc), Kf
— (PETdf A P=FTdf), Vx(Kx — (PETdx A P—FTdx)), Vx(Kx — KFTdx),
—(PVx(Kx — FTdx) A P=Vx(Kx — FTdx)), -KVx(Kx — FTdx). w;ty: Kc,
Kf, FTdc, —FTdf, —~(Kf — FTdf) =Vx(Kx — FTdx). wit;: Tde, —Tdf. waty:
Kc, Kf, ETdf, =FTdc, —(Kc — FTdc), =Vx(Kx — FTdx). wat;: —Tde, Tdf.

(vii) Det ar inte fallet att (1"") Ix(Kx A KFTdx) medfor (2"”) KIx(Kx A
FTdx). Vi kan anvdnda samma modell som i (v). Har foljer de relevanta
sanningsvardena. wyty: Kc, Kf, =P—3x(Kx A FTdx), —(P3x(Kx A ETdx) A
P—3x(Kx A FTdx)), —=K3x(Kx A FTdx), PFTdc, P=FTdc, KFTdc, Kc A
KFTdc, 3x(Kx A KFTdx). wity: Ke, Kf, ETde, —=FTdf, Kc A FTde, Ix(Kx A
FTdx). wit;: Tde, —Tdf. wyty: Kc, Kf, FTdf, —FTdc, Kf A FTdf, Ix(Kx A
ETdX) Wot;: —|TdC, Tdf.

(viii) Det 4r inte fallet att (4"") KVx(Kx — FTdx) medfor (3") Vx(Kx —
KFTdx). For att visa detta kan vi anvdnda samma modell som i (v) med en
modifikation. Vi later Tdc vara sann i w, vid t; istéllet for falsk. D& har vi
foljande relevanta sanningsvarden. wyty: Kc, PVx(Kx — FTdx), P-Vx(Kx —
FTdx), KVx(Kx — FTdx), =P—FTdc, —=(PFTdc A P=FTdc), =(Kc — (PFTdc
A P—FTdc)), =Vx(Kx — (PFTdx A P=FTdx)), =Vx(Kx — KFTdx). wit,: Kc,
Kf, ETdc, —FTdf, —(Kf — FTdf), =Vx(Kx — FTdx). wit;: Tdc, —=Tdf. wyty:
Kc, Kf, ETdc, FTdf, K¢ — FTdc, Kf — FTdf, Vx(Kx — FTdx). wat;: Tdc,
Tdf. &

Jag har foreslagit att fritt val tillatelser ofta kan symboliseras med en sats
som har samma logiska form som (3"), dvs. Vx(Kx — KFTdx), eller nigon
variant av denna, t.ex. Vx((Bx v Mx) — KFTdx). I ljuset av ovanstiende
teorem forefaller det vara rimligt. (4"), KVx(Kx — FTdx), dr for stark for att
vara en bra symbolisering av ”Du far ta en kaka”, bl.a. eftersom den medfor
att du fér ta alla kakor. (2""), KIx(Kx A FTdx), tycks ocksé vara for stark i
den meningen att den medfor P—3x(Kx A FTdx). Enligt P—3x(Kx A FTdx) ar
det tillatet att du inte tar ndgon kaka alls. Men fritt val tillatelser kan ofta
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kombineras med en disjunktiv plikt. S&, ”Du fér ta en kaka” utesluter inte
”Du maéste ta atminstone en kaka”. (Se vidare avsnitt 7 nedan.) Samtidigt
tycks (2'"") ocksa vara for svag eftersom den endast medfor att det finns en
specifik kaka som du fér ta, inte att du fér ta vilken kaka som helst. (1"")
Ix(Kx A KFTdx) kan i vissa sammanhang vara en bra 6verséttning av ”Du far
ta en kaka”, men denna formalisering hjélper oss inte att forklara att
argument av samma typ som argument 1 tycks vara giltiga. Da aterstér (3"").
Vi har ocksa sett att (3'") &r starkare dn (3"") Vx(Kx — PETdx). (3"') medfor
(3") men inte tvart om. Enligt en plausibel pragmatisk hypotes bor vi tolka
varje (yttrande av en) sats pa ett sadant sétt att den (det) uttrycker ett sa starkt
pastaende som mojligt. Det kan dérfor vara rimligt att borja med att tolka
satsen ”Du fér ta en kaka” som (3"”) snarare dn som (3"). Om det finns négot
i kontexten som gor detta orimligt, kan vi istdllet anvinda (3") eller de dnnu
svagare (1"") eller (1").

7. Fritt val tillatelser och digunktiva plikter

Antag att du dr en elev pad universitetet och att din lérare i filosofi séger
foljande: ”Du far skriva en uppsats om Hume eller om Kant. Men du maéste
skriva en uppsats antingen om Hume eller om Kant.” I denna situation tycks
det vara rimligt att tolka den fOrsta satsen som en fritt val tillitelse och den
andra satsen som en disjunktiv plikt. Vi tdnker oss att ”Du far skriva en
uppsats om Hume eller om Kant” sdger samma sak som ”Du far fritt vilja om
du skall skriva en uppsats om Hume eller om Kant”. Om vi symboliserar ”Du
far skriva en uppsats om Hume eller om Kant” pa det sitt som jag har
foreslagit Vx((x = h v x = k) — KFSdx), sa kan vi hérleda foljande satser:
PESdh, P—FSdh, PESdk, P—FSdk. Sxy ldses ”x skriver en uppsats om y”, h
refererar till Hume och k till Kant. Dvs. vi kan hérleda att det &r tillatet att du
skriver en uppsats om Hume, att det ar tillatet att det inte ar fallet att du
skriver en uppsats om Hume, att det &r tillatet att du skriver en uppsats om
Kant, och att det ar tillatet att det inte ar fallet att du skriver en uppsats om
Kant. Satsen ”Du maéste skriva en uppsats antingen om Hume eller om Kant”
tycks kunna symboliseras pa foljande sitt: O(ESdh v FSdk) (O(ESdh v FSdk)
ar logiskt ekvivalent med OF(Sdh v Sdk)). Frigan &r nu om detta &r
konsistent? Foljande modell visar att {PFSdh, P—FSdh, PFSdk, P—FSdk,
O(ESdh \ ESdk)} ar konsistent. W = {Wo, Wi, Wy, W3, W4}, T= {to, ty, t, t3,
t4}, D z{d, h, k} ty < tl, to < ty, thp < t3, top <ty SWOWIt(), SWOWQt(), SWOW3t0,
Swowaty. Sdh dr sann i w; vid t;. Sdk ar sann och Sdh falsk i w, vid t,. Sdk ar
sann i w3 vid t;. Sdh dr sann och Sdk falsk i wy vid t;. Mer allmént géller det
att {KA, KB, O(A v B)} ar konsistent; det ar alltsé inte fallet att KA A KB
medfor att —=O(A v B). Sé enligt den hér analysen &r det fullt mojligt att det
finns situationer da vi fritt far vélja mellan A och B, men maéste vilja A eller
B. Det hir ar ett positivt besked eftersom fritt val tillatelser ofta tycks
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kombineras med disjunktiva plikter. Vart exempel dr bara ett bland i princip
odndligt manga andra liknande fall.

8. Problem 1: Pragmatiska implikationer trotsallt?

Lat oss avsluta med att ta upp tva av de intressantaste mojliga invindningar
mot de forslag jag har presenterat i den hir uppsatsen som jag kan komma pa.
Enligt den fOrsta invindningen ar den typ av ”slutledningar” jag har
diskuterat, nér allt kommer omkring, inte semantiskt giltiga argument, utan
ett slags pragmatiska implikationer. O(A v B) medfor P(A v B) i SDL men
inte PA A PB. Om nagon (som har kunskap om normerna i en viss situation)
héavdar att det &r obligatoriskt att A eller B, dr det emellertid rimligt att
pragmatiskt sluta sig till att det &r tillatet att A och att det &r tillatet att B. For
OA medfoér O(A v B) och OB medfér O(A v B). Detta innebar att om var
person visste att det var obligatoriskt att A (eller obligatoriskt att B), sa skulle
hon hévda att det dr obligatoriskt att A (eller att det ar obligatoriskt att B)
istdllet for att det &r obligatoriskt att A eller B. For ett sadant pastdende &r
mer informativt. Att hidvda det svagare pastdendet kan vara vilseledande.
Eftersom personen i friga har kunskap om normerna i situationen kan vi sluta
oss till att hon vet att det inte dr obligatoriskt att A och att hon vet att det inte
ar obligatoriskt att B. Hérav foljer det att det inte &r obligatoriskt att A och att
det inte dr obligatoriskt att B. Men O(A v B) och —OA och —OB medfor PA
A PB 1 SDL, vilket bevisas av foljande semantiska tabla.

O(AvB),0
—0A, 0
—0B, 0
—(PAAPB),0
P—A, 0
P-B,0
0sl
—A, 1
0s2
—B, 2
"4 N
—PA, 0 —-PB, 0
0-A,0 0O—B, 0
—A, 2 —B, 1
AvVB,?2 AvVB,1
v N v N
A2 B, 2 Al B, 1
* * * *
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Sa om din ldrare hdvdar att det dr obligatoriskt att du skriver en uppsats om
Hume eller om Kant, sa kan vi pragmatiskt sluta oss till att det ar tillatet att
du skriver en uppsats om Hume och att det &r tillatet att du skriver en uppsats
om Kant. Detta innebdr inte att pastdendet att det dr obligatoriskt att du
skriver en uppsats om Hume eller om Kant medfor att det ar tillatet att du
skriver en uppsats om Hume och att det r tillatet att du skriver en uppsats om
Kant.

Pa liknande sétt forhaller det sig med tillatelser. PA medfor inte P—A i
SDL, men om nagon (som har kunskap om de relevanta normerna i en
situation) hévder att det ar tillatet att A, sé& &r det rimligt att pragmatiskt sluta
sig till att det ocksé é&r tillatet att inte A. For OA medfér PA i SDL. Och om
var person visste att det var obligatoriskt att A, skulle hon hédvda detta istillet
for att det ar tillatet att A. For pastdendet att det ar obligatoriskt att A &r
starkare och dérfor mer informativt 4n pastadendet att det &r tillatet att A. (Om
en kurskamrat till dig vet om att du maste skriva en uppsats om Kant, s
skulle vi anse att det var vilseledande av henne om hon sa att du far skriva en
uppsats om Kant, &ven om hennes pastaende inte &dr falskt och faktiskt foljer
ur pastdendet att du maste skriva en uppsats om Kant.) Eftersom personen
ifrdga har kunskap om de relevanta normerna i situationen kan vi sluta oss till
att hon vet att det inte &r obligatoriskt att A. Fran detta foljer det att det inte ar
obligatoriskt att A. Men —OA ir logiskt ekvivalent med P—A i SDL. Alltsa
kan vi sluta oss till att det &r tillatet att inte A. S& om din farmor siger att du
far ta en kaka, sa kan vi pragmatiskt sluta oss till att det ocksa dr OK om du
inte tar en kaka. Detta innebér inte att pastdendet att det &r tillatet att du tar en
kaka medfor att det &r tillatet att du inte tar en kaka.

Man skulle alltsd kunna hdvda att "Du far ta vilken kaka som helst”
pragmatiskt implicerar att du inte maste ta alla kakor men att detta péastaende
inte foljer semantiskt ifrdn denna sats. For ”Du fér ta vilken kaka som helst”
medfor ”Du far ta kaka 1 och du far ta kaka 2 och du far...”. Och om négon
(med kunskap om normerna i den aktuella situationen) hévdar att du far ta
kaka 1 och att du far ta kaka 2 och att du far..., s& implicerar detta
pragmatiskt att det ar tillatet att du inte tar kaka 1, att det &r tillatet att du inte
tar kaka 2 osv. Dvs. det giller for varje kaka att det ar tillatet att du inte tar
den. Och fran detta tycks det f6lja pragmatiskt att du inte maste ta alla kakor.
For pastaendet att det géller for varje kaka att det &r tillatet att du inte tar den
medfor pastaendet att det inte &r obligatoriskt att du tar alla kakor om vi antar
att det finns dtminstone en kaka. S&, 16sningsforlag 2 &r kanske inte rimligt
nér allt kommer omkring. Och bor man inte pa ett liknande pragmatiskt sétt
forsoka forklara intuitionen att argument 1 tycks vara giltigt?

Jag dr inte helt 6vertygad om att dessa “’slutsatser” endast dr pragmatiska.
Om din ldrare havdar att du fritt far vélja om du skall skriva en uppsats om
Hume eller Kant men att du maste skriva en uppsats om Kant, sa tycks hon

29



Daniel Ronnedal

inte endast pastd nigot (pragmatiskt) konstigt, utan hon tycks hidvda négot
som dr inkonsistent. ”Du fér fritt védlja om du skall skriva en uppsats om
Hume eller Kant” tycks medfora att det &r tilldtet att du inte skriver en
uppsats om Hume och att det ar tillatet att du inte skriver en uppsats om Kant.
Det forefaller &tminstone vara uppenbart att en person som hdvdar en sadan
sats sannolikt ocksd menar att detta &r tillatet. Men kanske finns det hér en
skillnad mellan ”Du fér fritt vdlja om du skall skriva en uppsats om Hume
eller Kant” och ”Du fér skriva en uppsats om Hume eller Kant”, kanske
bestimmer inte talarens intentioner, dsikter och andra mentala tillstdnd
meningen hos dessa satser, kanske &r intuitionen att satsen ”Du far fritt vélja
om du skall skriva en uppsats om Hume eller om Kant, men du maste skriva
en uppsats om Kant” dr inkonsistent inte riktig. Lat oss anta det. Da kan vi
atergd till 16sningsforslag 1, och hdvda att 6vriga implikationer endast ar
pragmatiska och inte semantiska.

De pragmatiska implikationer som jag har nidmnt ovan forefaller vara
rimliga. Fran detta foljer inte att FVT paradoxen kan 16sas helt och héllet
med hjdlp av pragmatiska principer. Jag kan inte i detalj hér diskutera alla
pragmatiska 16sningar pa FVT paradoxen som har foreslagits i litteraturen.
Men &t mig ta upp ett generellt problem som talar for att det ar rimligt att
vara skeptisk till 16sningar av detta slag. PA medfor P(A v B) och PB medfor
P(A v B) i SDL. Dérfor ér det, med tanke pa vanliga pragmatiska principer,
rimligt att anta att en person (som har kunskap om de relevanta normerna i en
situation och) som hédvdar att det ar tillatet att A eller B bade vet att det inte ar
tilldtet att A och vet att det inte ar tillatet att B (givet att P(A v B) &r en
korrekt symbolisering av ”Det ér tillatet att A eller B”). Fér om hon visste att
det var tillatet att A (eller om hon visste att det var tillatet att B), s& skulle
hon hévda det starkare pastaendet att det ar tillatet att A (tillatet att B) istdllet
for det svagare pastaendet att det ar tillatet att A eller B. Att hdvda ett svagare
pastaende nir man vet att ett starkare pastadende &r sant kan vara vilseledande.
Alltsé kan vi pragmatiskt sluta oss till att det inte ar tillatet att A och att det
inte dr tillatet att B. Dessa pragmatiska resonemang star darfor i direkt
motsats till vara intuitioner om vad som foljer ur vad. ”Det ar tillatet att A
eller B”, tycks ju tvért emot de pragmatiska resonemangen medfora att det ar
tillatet att A och att det &r tillatet att B. Och inte nog med det. P(A v B)
medfor PA v PB i SDL. Sa, vara pragmatiska resonemang tycks leda till en
direkt motsdgelse.

Pragmatiska teorier och 16sningar pa FVT paradoxen har under senare ar
blivit alltmer sofistikerade, och det finns anledning att tro att de kommer att
fortsdtta att utvecklas framover. Det dr emellertid tveksamt om det i dagslaget
finns négon helt tillfredsstéllande pragmatisk 16sning pa denna paradox.
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9. Problem 2: Kvantifiering 6ver handlingar?
Lat oss ta upp en sista invdndning mot de 16sningsforslag som har
presenterats i den hér uppsatsen. Betrakta f6ljande argument.

Argument 5

Du far gé till en strand eller (stanna inne och) spela ett dataspel.

Alltsa far du ga till en strand och du far (stanna inne och) spela ett
dataspel.

Slutsatsen tycks folja ur premissen. Enligt en naturlig tolkning av detta
argument, i linje med tidigare analyser, sdger det samma sak som foljande
hérledning: Du far gé till vilken strand som helst eller spela vilket dataspel
som helst. Alltsa far du g till vilken strand som helst och du far spela vilket
dataspel som helst. Men det tycks inte ga att symbolisera detta resonemang
pa samma sitt som tidigare argument. Antag att vi forsoker med en
formalisering som innehdller Sx (dr en strand) och Dx (dr ett dataspel) och
borjar Vx((Sx v Dx) — P...). Men vad skall vi da fylla i punkterna med? De
olika disjunkterna talar om olika typer av handlingar eller forhéllanden som
bor symboliseras med olika predikat, t.ex. Gxy (x gér till y) och Sxy (x spelar
y). Det gar att hitta otaliga exempel av detta slag. Man kan ocksé fraga sig
vad det egentligen #r som ir tillatet hir. Ar det tillatet att g till vilken strand
som helst och tillatet att spela vilket dataspel som helst, eller dr det sjdlva
aktiviteterna att gé till en strand och spela ett dataspel som ér tillatna?

Flera andra argument vécker liknande fragor. Betrakta pé nytt slutsatsen i
argument 3: ”Alltsa far du gé till stranden och du fir ga pa bio”. Jag foreslog
tidigare att denna sats sdger samma sak som satsen “Du fir ga till vilken
strand som helst och du fér ga till vilken biograf som helst”. Men man skulle
kunna hdvda att denna sats egentligen handlar om aktiviteten att ga till
stranden (och bada) och aktiviteten att gd pa bio (och se en film). Enligt
denna tolkning sédger slutsatsen att det &r tilldtet att utfora aktiviteten
(handlingen) att g4 till stranden (och bada) och att det ar tillatet att utfora
aktiviteten (handlingen) att ga pa bio (och se en film). Det hir antyder en
mdjlig 16sning pa det aktuella problemet.

Enligt denna 16sning kvantifierar vi inte 6ver platser eller spel i argument
5, utan 6ver handlingar. Lat S och D representera egenskaper hos handlingar,
dvs. Sx stér for 7x dr ett gdende till en strand”, Dx for ”’x &r ett spelande av ett
dataspel”, d refererar till dig, och Uxy stér for ”x utfoér y”. Da kan argument 5
symboliseras pa foljande sitt.

Vx((Sx v Dx) — PUdx).
Alltsa: Vx(Sx — PUdx) A Vx(Dx — PUdx)
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Premissen lises ”Det giller for alla x att om x &r ett géende till en strand eller
x dr ett spelande av ett dataspel, sa &r det tillatet att du utfor x”. Slutsatsen
lases: ”Det giller for alla x att om x ar ett gdende till en strand sa &r det
tillatet att du utfor x och det géller for alla x att om x 4r ett spelande av ett
dataspel sa dr det tilldtet att du utfor x”. Detta argument &r giltigt i SDL
kombinerat med predikatlogik. I ett kvantifierat temporalt aletiskt-deontiskt
system med determinerat forflutet (och nu) kan vi ldgga till operatorn F och
symbolisera argumentet pa foljande sitt.

Vx((Sx v Dx) — PFUdx)
Alltsé: Vx(Sx — PFUdx) A Vx(Dx — PFUdx)

Aven i detta fall foljer slutsatsen ur premissen. Ovriga argument av samma
typ tycks kunna analyseras pa liknande sdtt. Om det &r riktigt, kan den hér
invindningen bemétas.

Ett potentiellt problem med denna 16sning &r att man kan frdga sig om det
nagonsin &r fallet att premissen i ett argument av detta slag &r sann. Betyder
t.ex. inte premissen i argument 5, enligt denna ldsning, att alla sitt att ga till
stranden ar tillitna och alla sitt att spela dataspel &r tillitna? Och &r det
rimligt? Finns det inte vissa handlingar av dessa typer som det inte ar tillatet
att utfora? Vad giller tex. om du gar till stranden och krossar alla
fonsterrutor pa vigen dit? Ar denna handling tilliten (ir det tillatet att utfora
denna handling)? Mer allmént kan man stélla f6ljande fraga. Om en typ av
handling 4r tillaten, betyder det att det &r tillatet att utfora varje partikular
handling av denna typ eller betyder det att det ar tillatet att utféra en
partikuldr handling av denna typ? Eller hur skall man forstd en sadan
tillatelse?

Det dr inte uppenbart hur dessa fragor bor besvaras och jag tinker inte
heller forsdoka mig pa ett generellt svar i denna uppsats. Jag ndjer mig med att
konstatera att om man symboliserar argument 5 (och liknande argument) pa
det foreslagna séttet, sa kan man forklara att det (de) ar giltigt (giltiga).

10. Slutsats

Den hér uppsatsen har handlat om fritt val tillatelser. Jag har gatt igenom den
s.k. fritt val tillatelser paradoxen och har tagit upp nagra mojliga 16sningar.
Jag har presenterat ett eget forslag pa hur man kan forstd tillatelser av denna
typ och hur man kan l6sa FVT paradoxen. Jag ndmnde nagra potentiella
invandningar mot denna analys och visade hur dessa kan bemétas.

Den generella tanken bakom mitt forslag &r att fritt val tillatelser ofta kan
tolkas pa foljande sétt. Det finns en méngd entiteter och for varje entitet i
denna méngd galler det att du fritt far vélja om du skall forhalla dig till denna
entitet pa ett visst sétt eller inte. T.ex.: Det finns en mingd ting och for varje
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ting 1 denna mingd géller det att du fritt far vélja om du skall ta det eller inte,
ge bort det eller inte, kopa det eller inte, sélja det eller inte, lana det eller inte,
lana ut det eller inte osv. Det finns en méngd platser och for varje plats i
denna mingd géller det att du fritt far vilja om du skall gé till den eller inte,
resa till den eller inte osv. Det finns en méngd personer och for varje person i
denna mingd géller det att du fritt far vélja om du skall hjélpa denna person
eller inte, flytta ihop med denna person eller inte, gifta dig med denna person
eller inte osv. Det finns en mingd &mnen och for varje dmne i denna mangd
géller det att du fritt far vélja om du skall studera det eller inte, skriva en
uppsats om det eller inte osv. Det finns en méngd sanger och for varje sang i
denna méngd géller det att du fritt far vélja om du skall framfora den eller
inte. Det finns en méngd tomma parkeringsplatser och for varje tom
parkeringsplats géller det att du fritt far vélja om du skall parkera din bil dar
eller inte. Det finns en méngd (mdjliga) handlingar (av en viss typ) och for
varje (mojlig) handling (av denna typ) i denna méngd géller det att du fritt far
vilja om du skall utfora den eller inte. Osv.

Ibland har FVT paradoxen anvints som ett argument emot s.k. standard
deontisk logik (SDL). Jag har forsokt visa att man kan acceptera forekomsten
av FV tillatelser utan att behova forkasta SDL. Diremot pekar forekomsten
av FV tillatelser p& behovet av en kvantifierad deontisk logik.

Lat mig avsluta med att kort nimna négra fordelar med den 16sning pa
FVT paradoxen jag har foreslagit.

(1) Vi kan visa att intuitionen att slutsatsen foljer ur premissen i argument
1 (och liknande argument) &r sann (om satserna tolkas pa “ritt” sétt). Vi kan
ocksd visa hur vissa tolkningar av argumentet gor det ogiltigt. Vi kan
pragmatiskt forklara nar det ar rimligt att tolka argumentet pa det ena sittet
och nér det dr pragmatiskt rimligt att tolka det pa det andra.

(i1) Vi behover inte anta att “eller” d&r mangtydigt eller har en icke-klassisk
logik.

(ii1) Vi behdver inte anta att “eller” i fritt val tillatelser tolkas idiomatiskt
och egentligen betyder detsamma som “och”.

(iv) Vi behover inte ldgga till ndgra dolda operatorer for att forklara
giltigheten hos véra argument.

(v) Vi behdver inte infora nagra nya primitiva eller definierade fritt val
operatorer.

(vi) Vi behdver inte anta att fritt val tillatelser endast “opererar” pa
méingder av satser.

(vii) Vi behdver inte gora en distinktion mellan starka och svaga
tillatelser.

(viii) Ménga har argumenterat for en pragmatisk 16sning pa problemet
med fritt val tillatelser. Det dr nog riktigt att ”Du far A eller B” pragmatiskt
implicerar ”Du far A” och ”Du far B” i maénga situationer. Men om

33



Daniel Ronnedal

argumenten i den hér uppsatsen ar riktiga, sé kan det forklaras med att sdédana
argument ocksd kan vara semantiskt giltiga. Pragmatiska faktorer och olika
satsers kontext kan ocksé anvindas for att avgora nér det dr rimligt att tolka
en viss sats pa ett sitt som gor ett argument som innehéller en disjunktiv
tillatelse (t.ex. argument 1) giltigt och nér det inte &r det.

(ix) Vi kan forklara att foljande argument ar giltigt. Premiss: Ingen far ta
den hér tartbiten eller den har bakelsen. Slutsats: Ingen fér ta den hér téartbiten
och ingen far ta den hir bakelsen. Lat Txy sta for ”x tar y”, t for den hér
tartbiten och b for den hir bakelsen. Foljande formella argument &r giltigt i
alla system av det slag som beskrivs i Ronnedal (2014). Premiss: —3xP(Txt v
Txb). Slutsats: —3IxPTxt A —IxPTxb. Atminstone nigra andra Idsningar pa
(FVT) paradoxen har problem med att forklara giltigheten bade hos argument
av denna typ och argument av samma typ som argument 1.

(x) Vi behover inte utveckla nagon ny och komplicerad form av deontisk
logik, t.ex. en dynamisk deontisk logik, en icke-monotonisk deontisk logik,
eller en deontisk logik baserad pd nagon form av “linjir logik” eller
“inkvisitiv” semantik. Det kan forstas finnas andra skél att utveckla sadana
logiker. Men om argumenten i den hér uppsatsen ar hallbara, s& &r fritt val
tillatelser paradoxen inte ett sadant skal.

(xi) Vi kan undvika alla de problematiska konsekvenser som foljde av att
anta att P(A v B) medfor PA och PB i SDL.

(xii) 1 synnerhet géller det att om argumenten i den hér uppsatsen &r
riktiga, sa kan forekomsten av fritt val tillatelser inte anvindas for att visa att
SDL ir inkorrekt och méste overges. Det racker med att vi kombinerar SDL
med (en temporal aletisk-deontisk) predikatlogik.

For att kunna bevisa véara argument krdvs det dock att SDL kombineras
med predikatlogik. Detta talar for att vi behover en kvantifierad deontisk
logik. Jag har tidigare argumenterat for att det finns andra skél att omfamna
en sadan logik. Om argumenten i den hdr uppsatsen ar riktiga, ger de
ytterligare stod for detta pastaende.
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A Coherent and Comprehensible I nter pretation of
Saul Smilansky’s Dualism

Sofia Jeppsson

Abstract

Saul Smilansky’s theory of free will and moral responsibility consists of two
parts; dualism and illusionism. Dualism is the thesis that both compatibilism
and hard determinism are partly true, and has puzzled many philosophers. I
argue that Smilansky’s dualism can be given an unquestionably coherent and
comprehensible interpretation if we reformulate it in terms of pro tanto
reasons. Dualism so understood is the thesis that respect for persons gives us
pro tanto reasons to blame wrongdoers, and also pro tanto reasons not to
blame them. These reasons must be weighed against each other (and against
relevant consequentialist reasons) in order to find out what we all things
considered ought to do.

1. Introduction

Saul Smilansky’s theory of free will and moral responsibility consists of two
parts; dualism and illusionism (Smilansky 2000). Dualism is the thesis that
both compatibilism and hard determinism are partly true, whereas illusionism
is the thesis that people’s false belief in libertarian free will (i.e., a kind of
free will inconsistent with determinism, and possibly with plausible versions
of indeterminism as well) has mostly beneficial effects and ought to be kept.
Whether one agrees with illusionism or not (it has been questioned both
whether people in general believe in libertarian free will, Nahmias 2011, and
whether such a belief is beneficial, Pereboom 2014), it is not difficult to
comprehend. Dualism, on the other hand, has puzzled many philosophers.
Compatibilism is the thesis that free will and moral responsibility are
compatible with determinism, whereas hard determinism is the thesis that
they are not. If the world is deterministic, a complete description of the state
of the world at any time in the past combined with a complete description of
every law of nature implies any true proposition about present events,
including human action. Hard determinists argue that under these
circumstances, no one is really free or morally responsible for what she does.
No one deserves to be blamed or punished for wrongful actions, and no one
deserves to be praised or rewarded for exemplary ones. Compatibilists, on the
other hand, argue that free will is still possible. There is a variety of ways
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compatibilist arguments can go, but the compatibilist might, for instance,
stress the fact that determinism does not preclude the possibility of people
acting free from compulsion and neurosis, point out that many agents in a
deterministic universe still do what they have most reason to do according to
their own values, and so on. Therefore, the compatibilist say, we can be free
as well as morally responsible under determinism.

On the face of it, these theses seem completely opposed to each other,
making it hard to see how there could possibly be a little bit of truth in both.
Tamler Sommers writes that it is unclear what it means that punishments can
be in one way just and in another way unjust (Sommers 2012 p. 115). Despite
Smilansky’s explicit claim to the contrary, Derk Pereboom thinks that
Smilansky is not really a dualist at all, but simply a hard incompatibilist' like
him (Smilansky 2000 p. 101; Pereboom 2001 pp. 130-131). James Lenman
suggests that there is a distinction, in Smilansky’s theory, between
compatibilist justice and ultimate justice, compatibilist desert and ultimate
desert and so on (Lenman 2002). In this paper, I will argue that regardless of
whether dualism is true or not, it can be made unquestionably coherent and
comprehensible if we reformulate Smilansky’s thesis in terms of pro tanto
reasons.

2. Smilansky’s dualism

Smilansky argues, like so many other philosophers, that there is an intimate
connection between respect for persons and justified praise and blame. Many
philosophers argue that we may be obliged to blame someone for a wrongful
act because we respect her as a person (e.g., Duff 1986 p. 70; Moore 1997 pp.
142-149 and p. 165; Dworkin 2011 pp. 224-225), but Smilansky focuses
mostly on how respect for others demand that we do not blame them when
they do not deserve to be blamed and praise them when they deserve to be
praised (Smilansky 2000 pp. 19-20 and 127). However, respect for persons
clearly requires that we do not blame others for events that were not under
their control. Smilansky writes that there is an ethical basis for considering
every control-undermining factor when asking whether someone deserves to
be blamed (Smilansky 2000 p. 48). The relevance of some control-
undermining factors is obvious; for instance, we ought not to blame people
for what they did after having been drugged against their will. When we learn
that people’s actions were caused by less obvious factors beyond their
control, such as the distant past together with the laws of nature, we cannot
choose to ignore these factors merely because they are less salient than drugs

" A hard incompatibilist differs from a hard determinist merely in holding that we cannot have
free will and moral responsibility under indeterminism either. Smilansky, despite writing about
hard determinism, often seem to have something like hard incompatibilism in mind.
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or because taking them into account makes life too complicated. This is the
kernel of truth in hard determinism. However, there is also an ethical basis
for considering whether people were in control, in the compatibilist sense of
the word, of their actions before we judge them. Some agents are in control
of what they do in the sense that they rationally choose to do something for
reasons of their own and then do it, whereas others act under the influence of
psychosis or drugs, or simply behave irrationally due to being toddlers. To
disregard the obvious differences between the first group of agents and the
latter ones would be morally wrong (ibid p. 77).

Smilansky empathically stresses that he does not merely claim that we
have consequentialist reasons to praise and blame people. There is a sense in
which people actually deserve praise and blame, reward and punishment, in
virtue of having acted with compatibilist freedom, and respect for persons
requires that we take this into account when judging them (ibid pp. 27, 78,
88-89 and 101). A community where people are punished and rewarded
based on whether they were in control of their actions or not in a
compatibilist sense is in one way just and in another way unjust (ibid pp. 97-
98). In a sense, people in this community get their just deserts, but in another
sense, no one can ever deserve to be rewarded or punished.

My suggestion is that we can make more sense of Smilansky’s dualism if
we reformulate his claims in terms of the reasons we have to praise or blame,
reward or punish.

3. Reasons and respect

Smilansky explicitly discusses a backward-looking kind of moral respons-
ibility, or desert-entailing moral responsibility, both in compatibilist and
incompatibilist terms. But what is desert-entailing moral responsibility, and
how is it distinguished from its forward-looking counterpart? To delve deeply
into this issue lies outside the scope of this paper. However, when analysing
backward-looking blame, we ought to have something more to say than it
being blame given for the reason that the agent deserves it, or blame given
merely because the agent did something wrong. These statements do not
really add anything to the claim that the blame is backward-looking. Rather,
we should say that backward-looking blame is blame given with no eye to
“training” the agent to behave better in the future, but rather given because
we see her as a fellow moral agent. When I have done something wrong, 1
may think about the reasons against doing what I did and regret it. Likewise,
when someone whom I consider a fellow moral agent has done something
wrong, I may tell her the reasons against doing what she did and try to make
her regret it. This is why many philosophers regard the readiness to blame
others for their wrongdoing as a sign of respect; in a sense, blaming others for
their wrongdoings amounts to treating them the way we treat ourselves, but
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unlike the way we treat little children, animals, severely psychotic people and
so on (Moore 1997 pp. 142-149 and p. 165; Dworkin 2011 pp. 224-225).

Suppose, then, that another person has done something wrong — for
instance, stolen my wallet when I was down at the pub. Since I ought to
respect other persons, I think that I have at least a pro tanto reason to blame
the thief. However, we may imagine that further information reveals that I do
not have such a reason after all. Suppose, for instance, that I learn that she
had been tricked into drinking more alcohol than she was aware of or
drugged against her will, and in her confused state she mistook my wallet for
her own. This fact shows that my supposed reason for blaming her was no
real reason after all. Blaming her in this situation would show no respect for
her; it would merely be cruel and heartless. Now, suppose instead that I learn,
not that she was hopelessly confused due to alcohol or drugs, but that she
grew up in a terrible family and terrible neighbourhood, had no non-criminal
role models and so on. This is a more complicated situation. Respecting her
as a person rather than writing her off as a hopeless case who cannot really
know what she is doing does seem to give me an actual pro tanto reason to
blame her. However, respecting her as a person might also require that I try
to put myself in her shoes, and realize that abstaining from criminal activities
might present a real challenge to her, whereas it is easy for me. The
difference between us does not solely consist in me making better choices
than she does; I have also been more fortunate. This might give me reason to
somewhat mitigate my judgement, although I should still consider her
blameworthy.

Finally, suppose that there are no circumstances that we would normally
consider excusing or mitigating. Respecting the wallet thief as a person gives
me a pro tanto reason to blame her. However, I realize that there is a sense in
which nothing is ultimately up to us, since libertarian free will is impossible.
Ultimately, everything we do, including her theft of my wallet, is caused by
factors beyond anyone’s control. Respecting her as a person gives me reason
to take seriously the fact that the difference between us is ultimately a
difference in luck; I was fortunate enough to be born with genes and exposed
to environmental influences that caused me to abstain from crime, and she
was unfortunate enough to be born with genes and exposed to an
environment that caused her to steal my wallet.” As soon as we take up this
“ultimate” perspective, it might be tempting to say that I was mistaken when

% Once again, remember that determinism is the thesis that a complete description of the state of
the world at any time in the past combined with a complete description of every law of nature
implies any true proposition about present events, including human action. The observation that,
say, identical twins who grew up together do not behave exactly alike does not prove that the
world is not deterministic, since no two people have been exposed to precisely the same
environmental influences down to the last detail.
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I initially thought that I had a pro tanto reason to blame her, but this is not the
conclusion that Smilansky draws. Whereas it is not respectful at all, merely
cruel, to blame someone for actions that she performed while hopelessly
confused from alcohol or drugs that she did not even chose to consume, the
same cannot be said about blaming someone for actions that she decided to
perform for reasons of her own. It remains true that there iS something
disrespectful about dismissing her theft as a mere result of forces beyond her
control; dismiss what she did like we might dismiss the actions of someone in
the grip of psychosis, or a tiny child. Respecting her as a person therefore
gives me a genuine pro tanto reason to blame her — and simultaneously
another, likewise genuine, pro tanto reason not to blame her.

It might be objected that whereas it is clearly possible that I find myself in
a situation where, say, respect for persons gives me a pro tanto reason to
blame someone whereas the fact that blaming her would have disastrous
consequences gives me a pro tanto reason not to blame her, it cannot be the
case that respect for persons alone gives me both a reason to blame and a
reason not to blame. But situations where the same value or general duty
gives rise to two opposing pro tanto reasons are actually commonplace.
Suppose that I am a parent, and have a general duty to make my child happy.
This gives me a pro tanto reason to buy her candy from time to time if she
loves candy, and also a pro tanto reason not to give her candy since candy is
bad for her health, and good health is important for her happiness. I will end
up weighing these reasons against each other, and may sometimes conclude
that I all things considered ought to buy her a little bit of candy, at other times
conclude that I all things considered ought to refuse her requests. In a similar
vein, respect for persons may simultaneously give me a reason to take other
people and their agency seriously by praising and blaming them for actions
that are under their control in a compatibilist sense, and a reason to consider
the fact that differences in behaviour are ultimately just due to luck and
therefore not praise or blame them for anything they do.

4. How we ought to treat people all things considered

How are we to weigh these different reasons against each other? Overall,
Smilansky’s position seems to be that we usually have all-things-considered
reasons to praise and blame people, reward and punish, despite the fact that
doing so is always ultimately unjust. He further argues that the extent to
which a given punishment is unjust depends in part on how harsh it is, in part
on the level of compatibilist control with which the agent acted (ibid p. 134).
He argues that when we have determined that there is injustice, it is a
separate question whether something ought to be done about the injustice
(ibid p. 135). Although he focuses on a kind of compatibilism concerned with
desert and backward-looking reasons for praise and blame, there can also be
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important consequentialist reasons for praising and blaming, rewarding and
punishing (ibid p. 102). Hard determinist considerations, however, should
play a mitigating role (ibid p. 102).

Bringing all this together to a consistent theory about the reasons we have
to praise, blame, punish and reward, gives us the following picture: We have
respect-based pro tanto reasons to praise and blame, punish and reward
people for actions they perform with compatibilist control. This is the kernel
of truth in compatibilism. We also have consequentialist pro tanto reasons to
create practices and institutions that administer praise, blame, punishments
and rewards for this category of actions. Finally, we have respect-based pro
tanto reasons never to praise, blame, punish or reward anyone. This is the
kernel of truth in hard determinism. Reasons of the first kind can be affected
by how much compatibilist control the agent had. Reasons of the second kind
can be stronger or weaker depending on exactly how good or bad the
consequences will be. Reasons of the third kind are, in the case of blame and
punishment at least, stronger the harsher the blame or punishment is. If we
punish someone harshly enough, even if she acted with compatibilist control,
there will presumably be a point where the reason not to punish comes to
outweigh the reasons we do have to punish, and thus we must diminish the
amount of punishment we plan to inflict on her until the balance of reasons is
such that punishing her once again becomes justified. In this way, hard
determinist considerations serve a mitigating function. As long as we stick to
social sanctions and more humane punishments, the reasons we do have to
blame and punish will, insofar as wrongdoers had compatibilist control over
their actions, outweigh the reasons we have not to do so.

5. Conclusion

The claim that there is truth in both (backward-looking) compatibilism and
hard determinism can be understood as us having respect-based, backward-
looking pro tanto reasons both t0 praise and blame, reward and punish agents
for actions performed with compatibilist control, and respect-based,
backward-looking pro tanto reasons not to do this. It is commonplace and
non-mysterious that we might have a pro tanto reason to A and a pro tanto
reason not to A derived from the same value or general duty, and that we
must weigh these reasons against each other to find out what we ought to do
all things considered. Thus, if we reformulate Smilansky’s dualism in terms
of reasons for praising, blaming, rewarding and punishing, we see that it is a
coherent and comprehensible thesis. Whether it is also true is a topic for other
papers.
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The Compensation Principle

William Simkulet

Abstract

In "Should Race Matter?," David Boonin proposes the compensation
principle: When an agent wrongfully harms another person, she incurs a
moral obligation to compensate that person for the harms she has caused.
Boonin then argues that the United States government has wrongfully harmed
black Americans by adopting pro-slavery laws and other discriminatory laws
and practices following the end of slavery, and therefore the United States
government has an obligation to pay reparations for slavery and
discriminatory laws and practices to those who have been harmed by them -
in particular, to contemporary black Americans. Here I argue that the
compensation principle is false because it violates the control principle, the
foundational principle of ethics that states that moral responsibility requires
control; for an agent to be morally responsible for something, whether or not
she does that thing must be within her control. If the compensation principle
creates a moral obligation for an agent to compensate a harmed party, failure
to do so will result in that agent's being morally blameworthy for failing in
her obligation. Because some harms cannot be compensated for, agents who
wrongfully harm others will be required to do something that is outside of
their control.

I ntroduction
In "Should Race Matter?," David Boonin proposes a moral principle, the
compensation principle:

[1]f someone wrongfully harms another person, then he incurs a moral
obligation to compensate his victim for the harms that he has
wrongfully caused. (43)

On the back of this principle, Boonin constructs the compensation argument -
an argument he believes shows that the United States government has a moral
obligation to pay slavery reparations to contemporary black Americans. This
argument fails for two reasons: First, I argue Boonin's account of the
compensation principle is inconsistent with a host of commonsense,
foundational principles concerning the nature of moral responsibility.
Second, the compensation argument rests upon two problematic assumptions:
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(1) that people are morally entitled to their relative's wealth, and (ii) that
governments are morally culpable for the foreseeable harms of the laws they
create.

This paper is divided into two sections. The first section is an ethical
analysis of the compensation principle, the second section is a critique of the
compensation argument.

1. On the Compensation Principle

To have a moral obligation to do a thing, X, is to be the appropriate object of
moral blame if one doesn't do X, and the appropriate object of moral praise if
one does X. Although we sometimes talk about agents succeeding or failing in
regards to their moral obligations, this talk should not be understood to imply
that there is an element of chance in whether one is morally blameworthy or
praiseworthy. It wouldn't make sense to hold people morally accountable for
matters of chance or luck. If one has a moral obligation to do a thing, X, then
whether or not X occurs must be up to them. This concept is illustrated in the
following principle:

The Control Principle - To be morally responsible for a thing, X, is to
have control over whether X occurs. (CP from now on).

While CP concerns moral responsibility, a parallel principle - what David
Boonin characterizes as the the principle that "ought implies can" (81) -
concerns moral obligation:

The "Ought Implies Can" Principle - If an agent a has a moral
obligation to do X, it is within a@'s power to do X. (OICP from now on).

Because having a moral obligation to do X means you are blameworthy if you
fail to do x, OICP follows from CP. To have the moral obligation to do X and
fail is a moral failing, which is to say that it was up to you whether you
would X or ~X, you freely chose the latter, and that you are blameworthy for
that choice. Moral responsibility requires control in the form of legitimate
alternate possibilities - if one couldn't actually do otherwise, one can't be
responsible for her actions. This leads to the following principle:

The Principle of Alternate Possibilities - If an agent a is morally

blameworthy for some act y then a could have done otherwise. (PAP
from now on).
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Because moral responsibility requires control, it is impossible to find yourself
in a situation where all of your possible options are blameworthy. Michael
Otsuka (1998) captures a key feature of PAP in the following principle:

The Principle of Avoidable Blame - If an agent a is morally
blameworthy for some act Yy then there is some alternative act z that a
had the power to do, and had a acted to bring about z rather than y, a
would have been entirely morally blameless. (PAB from now on.)

According to PAB, to be blameworthy requires the opportunity to act in a
blameless manner. But consider the following case:

Ethics final- Having completed all of her coursework except for one
final class - Philosophy 241 Ethics, Susan enrolls in this course and
promises her parents that she will graduate. Susan freely decides to
disregard her coursework and focus her attention on enjoying her final
semester playing video games all day. An hour before her Ethics final
exam, Susan decides to check her email for the first time in the
semester and finds that she will fail the course (and fail to graduate)
unless she does well on the final exam. Unprepared to take the exam,
Susan believes she has only two options - cheat, or not cheat and fail
the exam, fail to graduate, and break her promise.

Both options are prima facie morally bad and we might be tempted to say
that she's blameworthy if she goes with either option. The important feature
about this case, though, is that her blameworthiness can be traced back to her
prior free choices to focus her attention on enjoying her final semester,
instead of completing the coursework. Suppose that Susan chooses not to
cheat. We might say that Susan is morally blameworthy for failing the test
and breaking her promise, but any responsibility for this would be derivative
moral responsibility, where an agent is derivatively morally responsible for x
if and only if she is truly morally responsible for y and y was appropriately
connected to X. Susan's moral failing here is her decision to disregard her
coursework, and she could have behaved in a manner in which she would be
entirely blameless in this case - she could have freely chosen not to disregard
her coursework!
Consider David Boonin's compensation principle:

The Compensation Principle - When an agent a wrongfully harms

another agent b, a incurs a moral obligation to compensate b for those
harms.
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Boonin says "If I wrongfully damage your car by vandalizing it, for example,
then I incur a moral obligation to repair the damage that I caused or pay the
costs involved in having someone else repair it on my behalf." (43) At first
glance, this principle has some intuitive force - if one harms another, it seems
only fair that she should try to undo that harm. It even bears some similarity
to the "you break it, you bought it" policy you might expect your local stores
to have... although that policy is more strict, as you are responsible for
anything you break, even if your breaking it was morally acceptable.

The problem with this principle is that it is inconsistent with CP. Consider
a case where compensation is impossible:

The priceless vase - Jack and Jill visit the priceless, one-of-a-kind vase
display at their local museum and notice that one vase in particular is
poorly mounted behind the glass. Jack contends that if they were to
jump up and down and make enough vibrations, the vase would fall
from the mount and be shattered. Jill disagrees, contending that there's
no way jumping up and down would cause such a result, citing several
books she had read on the subject. Jack maliciously begins jumping up
and down, hoping to break the vase, while Jill begins jumping up and
down to prove her point, believing that doing so will not break the
vase. The vase breaks.

According to the "you break it, you bought it" policy, both Jack and Jill seem
to be equally on the hook for breaking the vase... but the vase is not for sale,
and there is no way they can replace the priceless, one-of-a-kind vase. If Jack
and possibly Jill acquired the moral obligation to replace the vase, CP, OICP,
and PAB are false. Jack and Jill would be morally obligated to replace the
vase, but replacing the vase would be outside of their control; it's something
that they just can't do. Although both Jack and Jill might have a list of
alternate possibilities (lying, running away, apologizing, suicide, etc.)
because none of these possible futures will result in adequate compensation,
Jack and possibly Jill will fail in any moral obligation to compensate the
museum, and will thus not be able to avoid blame for this moral obligation.

There is another problem with the compensation principle. One of the
virtues of the compensation principle is that it explains our intuition that Jack
has a moral obligation to try to clean up his mess because he intentionally
created the mess; however what about Jill? It strikes me that Jill should feel
bad about what happened, and that if it was possible to replace the vase, she
would want to do so. If the compensation principle is supposed to explain
why Jack incurs a moral obligation to replace the vase, shouldn't it also be
able to explain why Jill might believe she has an obligation to replace the
vase?
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Suppose, for a moment, that Jill didn't have this intuition after breaking
the vase. Suppose a security guard approaches just as the vase breaks, and
Jack laughs and runs away hoping to avoid getting caught. Imagine the guard
asks Jill what she has to say for herself, and that Jill replied "I'm sorry for the
museum's loss. Of course had I known that jumping up and down could lead
to the vase breaking, I would never have done it. But I didn't know this, and
my actions were completely innocent - I freely engaged in an action that I
was justified in believing would have no bad consequences, and therefore it is
not my fault that the vase broke and I have no reason to compensate you for
your loss, despite the fact that I caused it." I imagine you'd find this response
unsatisfactory.

If it makes sense to say that Jill would have some feeling of responsibility
with regards to the vase, then the compensation principle is unsatisfactory
because it seeks to explain Jack's obligations with regards to the vase, but not
Jill's. Suppose that the intuitive force behind the compensation principle and
the "you break it, you buy it," policy has nothing to do with the agent and
their intentions, but rather with the actual harm produced:

The plain vase - Jack and Jill promise their neighbors that they will
water their plants while they are gone. One day, while doing so, they
notice a plain, ordinary vase - the kind one could find at any flower
shop for a low price - perched precariously on the edge of the kitchen
counter. Jack contends that if they were to jump up and down and
make enough vibrations, the vase would fall from the counter and be
shattered. Jill disagrees, contending that there's no way jumping up
and down would cause such a result, citing several books she had read
on the subject. Jack maliciously begins jumping up and down, hoping
to break the vase, while Jill begins jumping up and down believing
that doing so will not break the vase. The vase breaks.

Suppose that after breaking the vase, Jill has the intuition that she should
replace the vase, and she does so because of this. Her goal here is to make up
for the harm that she has inadvertently caused to her neighbors, not to pay for
some moral debt that she has incurred.

Jack willfully and maliciously sought to break the vase, so it makes sense
to say that he's blameworthy for this action. Boonin's compensation principle
contends that because his wrongful actions harmed his neighbors, he incurs a
moral obligation to compensate them. The problem is that Jill also believes
that she has an obligation to compensate them, despite her actions not being
malicious. This suggests that the wrongful nature of Jack's action has nothing
to do with our intuition that he ought to replace the vase.
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Suppose, though, that rather than a traditional moral obligation, we're to
understand the incurred debt of Boonin's compensation principle is a means
to free one from one's blameworthiness. In both of the vase cases, Jack has
acted in a prima facie immoral way - he willfully and maliciously sought to
destroy the property of someone else. In both cases, Jack could have done
otherwise - he could have refrained from activity designed to destroy the
respective vases. In both cases, this was within his control, and in both cases,
had he refrained, he would have been morally blameless. When Jack acts to
destroy the vases, in both cases he is morally blameworthy. If Jack were to
replace the vase in the latter case, he would negate the harm caused by his
wrongful act. Maybe the intuition behind the compensation principle is that
by providing compensation we are absolving ourselves of our previous
wrongdoing. Although Jill has harmed others in these cases, she has not done
so intentionally. Therefore she is not morally culpable for breaking the vases,
and therefore even if she did compensate the museum or her neighbors for
her actions, this would not absolve her of any moral wrongdoing because she
hasn't done anything wrong!

If the moral obligation at play in the compensation principle is of this
nature, then it isn't a moral obligation in the traditional sense because failure
to live up to the obligation doesn't create an additional moral stain on the
agent. This account of the compensation principle would, then, be compatible
with CP and OICP. We might call this a derivative moral obligation, where
one has a derivative moral obligation to perform some action x if and only if
x will erase their responsibility for some previous action y. The concept of a
derivative moral obligation is appealing because it will allow wrongdoers to
actually make up for their previous wrong actions. However, consider the
following case:

Destroying Pie - Frank wants to do something nice for his friend
Carol, and spends all afternoon baking her a pie for desert. Frank
gives Carol the pie, then inexplicably Frank takes the pie back and
throws it into the garbage, sets the garbage on fire, and throws the
garbage bag into the trash - utterly destroying the pie.

Because of the apparent symmetry between praise and blame, this might be
what we could call a derivative moral freedom, where one has a derivative
moral freedom to perform some action x if and only if x will erase their
praise for some previous action y. It makes sense to say that Frank's actions
actually undo the praiseworthiness for his previous actions.

The primary problem with the concepts of derivative moral freedom and
derivative moral obligation is that they ask us to consider distinct moral
actions in unison. Frank's pie baking is prima facie morally praiseworthy, but
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his pie destruction erases the good created by his pie baking. We're expected
to evaluate the actions together, rather than separately, but this easily leads to
an unintuitive picture of morality. If the concept of derivative moral
obligation makes sense, then immoral actions can be done with impunity and
later removed from our moral records to restore virtue. Suppose that every
day at noon Jack freely and maliciously breaks his neighbor's lawn gnome,
and every day at 2pm he replaces the lawn gnome with a copy from the local
garden shop. On this account of the compensation principle, Jack is
blameworthy from 12pm-2pm, but blameless from 2pm-12pm. This is
absurd! Jack acts in a villainous manner without regard for the property of
others and this is prima facie morally blameworthy even with compensation!
If the compensation principle is true, then his neighbors, upon discovering his
routine, should not judge him morally blameworthy after 2pm! But this
would throw property rights out the window. Anyone would have full and
unfettered access to anyone else's property, morally, so long as it doesn't
result in any permanent harm!

Another possibility is that derivative moral obligations don't completely
wipe away moral blame. If Boonin were to vandalize his neighbor's car, for
example, he may incur the derivative moral obligation to pay for someone
else to fix it, but he might also retain some aspect of his original
blameworthiness - for examples, his neighbors might be justified in still
blaming him, but they shouldn't blame him as much as if he were had
vandalized the car and not had it fixed. However, if this is case, I'm not so
sure we want to say that one incurs a moral obligation, derivative or
otherwise, to repair the harm one has caused from one's misdeeds, rather we
might say that an appropriate punishment for one's previous action is, in part,
to repair the harm. I suppose one could talk about a moral obligation to
accept one's moral punishment gracefully, but that is a radically different
principle than Boonin's compensation principle seems to be.

It is also unclear how this solution will adequately explain the intuition
that Jill has that she should try to compensate for the harm she caused. The
benefit of derivative moral obligation talk is that it seems to allow us to get
around CP, OICP, and PAB. It's a matter of luck whether Jack will be able to
compensate others, but compensating isn't praiseworthy; rather it's blame-
erasing. Because Jill isn't blameworthy for her action, compensation can't
erase any blame. Still, if Jill believes she ought to compensate her neighbors
for breaking their vase, it seems she would be best described as believing she
has a moral obligation to do so, not a derivative moral obligation. This leads
to several odd disparallels between Jack and Jill, most notably that Jill would
incur a moral obligation that Jack doesn't by acting in a morally responsible
manner (by unexpectedly and unintentionally breaking the vase, where Jack
intentionally and maliciously broke the vase).
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The compensation principle doesn't seem to pick up on a steadfast moral
principle, rather it strikes me that it's best understood as a rule of thumb to
govern appropriate responses to either advertent or inadvertent harm.

The Compensation Principle* - When an agent a causes a harm to
another agent b, a incurs an ad hoc moral obligation to compensate b
for said harm if and only if (i) it is possible to compensate b, (ii) b did
not act in such a way as to deliberately allow a to harm b, and (iii)
compensating b does not constitute an overwhelming burden to a.

Rather than dealing with moral obligations at large, this principle is
concerned with ad hoc moral obligations, understood here as moral
obligations dealing with compensating harm to others. Immoral actions might
also produce additional moral obligations unrelated to compensating either
actual or possible harm. Here I've introduced qualification (i) to ensure that
this principle is compatible with CP. Furthermore, because a moral principle
should not encourage or incentivize immoral actions, (ii) prevents
unscrupulous shopkeepers from placing their vases precariously on the edge
of tables under the sign "You break it, you bought it." Finally, (iii) strikes me
as a reasonable limitation to account for cases like this:

The expensive vase - Jack volunteers to water his neighbor's plants,
and after he does so, he notices his neighbor's have a nice looking
vase. Upset at the volume of plants he has to water, he willfully and
maliciously takes his frustrations out on the vase, throwing against the
wall, shattering it. He immediately regrets his actions, giving into his
frustration, and offers to replace it when his neighbors come home.
His neighbors tell him the vase costs more than Jack makes in a
decade.

My intuition is that in this case Jack is morally blameworthy for his action,
but despite his moral intuition that he should compensate his neighbors, he
lacks a moral obligation to do so because to compensate them for the broken
vase would constitute a significant burden to Jack vastly disproportionate to
his immoral action. Even if Jack acted to destroy the vase knowing it was
expensive, and to purposely deprive his neighbors of the vase, my intuition is
he would not have even an ad hoc moral obligation to replace the vase. In
such cases, full compensation would be too much of a moral burden.
However, it strikes me that in some cases, full compensation might be
insufficient. When Jack breaks his neighbor's cheap lawn gnome, he might
incur the obligation to replace it, but he might be obligated to do more as
well.
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What makes an action morally wrong is its epistemic nature - actions
done intentionally to cause harm, or without regard to the welfare of others
are prima facie wrong, and their wrongness can be directly traced back to the
beliefs and desires the agent acted on and with. It is unsurprising that
malicious or negligent actions can have actual, harmful consequences.
However, as illustrated by the difference in harm between the priceless vase
case and the plain vase case, the consequences of one's actions are not
necessarily, or even often, reflective of the immorality of the action in
question - in both cases, Jack acts immorally, and Jill morally, and yet both
cause harm, and far different harm in the former case than the latter. To tie
moral responsibility, or even ad hoc moral obligations such as the ones the
compensation principle deals with, to the actual value of a contingently
replaceable item would be both arbitrary and, in cases like the expensive vase
case, inappropriately harsh. Keep in mind the interpretation of the principle I
sketch above would create moral obligations for agents, like Jill, who are
entirely morally blameless for the harm their actions cause.

The compensation principle is an odd moral principle, reflecting our
moral desire to not harm others, rather than offering a substantive account of
what makes an agent blameworthy or praiseworthy for their actions.
Compensating victims is not a get-out-of-jail-free card, as Boonin's inter-
pretation might lead one to believe; rather the obligation to compensate
others for the harms one causes seems to come more out of fear and disgust at
the harms themselves, rather than being a form of moral penance. Jill offers
to replace the plain vase not because she broke it, but because she is sorry
that it was broken. Jack ought to offer to replace the plain vase to lessen the
actual harm created by his independently blameworthy action. To fail to do
so is to fail to appreciate the harm caused - and this would be an additional,
separate moral failing on Jack's part, independent from his blameworthy
actions.

2. On the Compensation Argument
For Boonin, the compensation principle serves as the backbone for what he
calls the compensation argument:

The Compensation Argument

1. Boonin's Compensation Principle - If a party wrongfully harms someone,
that party incurs a moral obligation to compensate that someone.

2. The United States government wrongfully harmed past generations of
black people by allowing slavery and discrimination.

3. These harms continue to harm black Americans today.

4. The government's obligation has not been met, and persists. (53-54)
Conclusion:
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Therefore, the United States government has a moral obligation to
provide compensation to currently living black Americans.

Before evaluating this argument, it'll be useful to evaluate two, simpler
arguments that Boonin might have advocated immediately after the abolition
of slavery.

The Individual Compensation Argument

1. Boonin's Compensation Principle

2. Slavers, slave owners, and many individuals wrongfully harmed current
and past generations of black people by enslaving them and treating them
as property rather than with the respect they deserve.
Conclusion:
Therefore, these individuals have a moral obligation to compensate at
least' current generations of former-slaves for the harms committed.

The Government Compensation Argument

1. Boonin's Compensation Principle

2. The United States government wrongfully harmed current and past
generations of black people by slavery and discrimination.
Conclusion:
Therefore, the government has a moral obligation to compensate at least
current generations of former-slaves for the harms committed.’

Which of these arguments is more persuasive? It strikes me that the former is
more persuasive than the latter - Slave owners uncontroversially owed a
substantial moral debt to their former slaves, and this is a debt so massive that
it cannot be fully paid. There is no adequate compensation for slavery;
retroactively paying slaves even the most generous of wages would fail to
adequately compensate them for the loss of their autonomy.

The unforgivable and uncompensatable nature of slavery serves to remind
us that Boonin's compensation principle is false because of its inconsistency
with CP and OICP. Slave owners can't adequately compensate slaves for the
harms inflicted on them, therefore they can't have the obligation to do so!
There is another principle that might offer a better explanation of the slave
owners' obligations:

' Proponents of this argument would advocate for some form of compensation for previous
generations as well; however with regards to evaluating this argument I will set aside this issue
because it's not clear how such compensation would work.

% Note that the government did attempt to provide some former slaves with some compensation,
but this was clearly woefully inadequate compensation given the grievous injustices of slavery
and discrimination.
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The Theft Principle - When a steals x from b, X belongs to b, not a. X,
and/or all proceeds derived from X belongs to b, not a.

The rational for the theft principle is clear - it is uncontroversially true that
stolen property does not become the property of the thief, regardless of how it
looks to ignorant third party observers. Theft can be understood as unjust
restriction of access to the personal property of others. Second, it is
uncontroversially morally true that moral principles should never incentivize
immoral activity. If proceeds from ill gotten gains belonged to the thief, the
thief would have practical incentives to steal and invest wisely. When caught
such a thief could return the stolen goods, offer herself up for punishment,
and then walk away with the proceeds.” The theft principle builds in the idea
that proceeds, too, belong to the victim - there is no more appropriate party to
benefit than the wronged party.

Slavery includes the theft of the slave's labor and property. This leads to
the following arugment:

The Theft Argument

1. The Theft Principle

2. Slavers and slave owners stole the labor and property of black persons.
Conclusion:
Therefore, these individuals do not own the goods they stole, nor do they
own the wealth built on the back of these goods. Their former slaves own
this wealth.

The theft argument strikes me as a more plausible argument than the
individual compensation argument, if only because it is consistent with CP
and OICP. Nothing can properly compensate former slaves for the harms that
have been inflicted on them, but it is at least fair to recognize that their
tormenters do not own the property they claim to own, and to return fair
access to this property to the former-slaves it was stolen from, or built from.

It would have been relatively easy to follow through with the conclusion
of the theft argument when slavery was abolished. Unfortunately, however,
property rightfully owned by many former slaves was not returned. Applying
the theft principle today is more challenging since neither slave owners or
former slaves are still alive.

Boonin's compensation argument is designed to show how the debt in
question has not been swept away by the ravages of time. First, he contends,
like in the government compensation argument, that the government has an
obligation to those harmed by their unjust social practices. Second, he

® A similar argument can be made for the moral support of abortion in rape cases.
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contends that the present day economic inequality of black Americans
compared to white Americans is the result of slavery, past discrimination, and
the failure to appropriately compensate past generations of black Americans.

Boonin contends that the relative lack of welfare for black Americans
today is evidence that they have been harmed by the government. (17) The
analysis seems to go something like this - if past black persons had been
adequately compensated for slavery, they would have likely had substantially
more wealth to pass on to future generations. Thus, the United States
government has harmed present day black Americans by failing to
compensate past generations whose wealth they would inherit, and thus
depriving them of the wellbeing they would likely have had if the
government had acted morally. What is odd about this position is that it
seems to say that children are morally entitled to the wealth of their parents,
but surely this is not correct.

More troubling, though, is the rationale Boonin has for the origin of the
government's debt. He contends that a government has wrongfully harmed a
party if the harm is a foreseeable consequence of the government's social
policies - in this case, the government allowed slavery, and allowed
discrimination, and thus is morally culpable for that. According to the
compensation principle, the government incurs a substantial moral debt - the
debt to repay all injustices that were legally committed by its citizens. Set
aside, for a moment, the tremendous moral debt from slavery, Native
American relocation, the internment of Japanese Americans during World
War II, and various laws and practices that currently, or in the past, allowed
for discrimination against women or any other group based off of arbitrary
social practices. Consider the harm created by the government's protection of
free speech. It is uncontroversially true that allowing free speech causes
substantive moral harms - for example, sexist and racist attitudes are often
affirmed, and these views can contribute to significant social inequality as
well as provoke moral outrage. However, it is equally uncontroversially true
that free speech plays an important social regulatory role, and that to infringe
upon it is to cause far worse injustices. Boonin's application of the
compensation principle to the government would hold it accountable for the
harms created as a result of free speech, despite the moral righteousness of
allowing free speech. As such, Boonin's compensation principle would be at
odds with the PAB - he would hold that the government can act in a morally
responsible manner, and still be morally blameworthy for the negative
consequences of its justified action.

One might object that the government doesn't wrongfully harm people
through free speech, individual speakers do. The problem is that the same can
be said for slavery laws - the government doesn't wrongfully harm
individuals by allowing slavery, the slavers wrongfully harm those
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individuals. What makes the pro-slavery laws unjust is not that people are
harmed by their existence; it's that they are laws that allow other people to act
in blatantly immoral ways, usurping the liberty and property of others
without fear of prosecution or penalty. Such laws would be unjust even if no
one in the United States had ever owned slaves.

Finally, even if you were persuaded by Boonin's compensation argument,
I've argued that the compensation principle is inconsistent with our most
foundational moral principles - CP and OICP. Even the revised compensation
principle I advocated in the previous section would fail to show that the
government owes the substantial economic debt Boonin's argument would
imply the government owes to black, Japanese, Native, women, and disabled
Americans, among others.

There is hope, though, for reparations-advocates. The conclusion of the
theft argument is that slavers and slave owners did not own their ill-gotten
gains. If this is true, they could not morally bequeath them onto their heirs.
This suggests that a good portion of the wealth owned by descendants of
slave owners rightfully belongs to past generations of slaves. Because the
past generations of black Americans would probably have passed it on to
their families, it seems fair to recognize that ownership of this wealth
rightfully belongs to their relatives. Note, though, that because one is not
blameworthy for the actions of their ancestors, it may be inappropriate to give
the proceeds subsequent generations have made on the back of this ill-gotten
wealth to the ancestors of the slaves in question. Instead, it seems fair that the
wealthy heirs of former slave-owning families should pay a modest, ad hoc
interest on the money they inadvertently borrowed. To recognize the
appropriate ownership of wealth in such cases will likely cause strife to the
wealthy descendants of slave owners, but the injustice to them was done on
the part of their ancestors who wrongfully deeded them what did not belong
to them.

It is worth noting that the wealth that should be returned to the families of
former slaves is far from being adequate compensation for slavery - there can
be no compensation for such a horrible crime, and the returning of this wealth
would do little to rectify the social inequalities that have resulted from
slavery and discrimination. However, this should not come as a surprise, as
immoral actions tend to create harm. Acting in accordance with the theft
principle doesn't negate all of the harms caused by the injustices black
Americans have faced - it only returns whatever it can to rightful owners.

Conclusion

Here I've argued that Boonin's compensation principle is inconsistent with the
control principle, creating a moral obligation that in many cases can never be
paid. According to Boonin's compensation argument, the evidence that the
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United States has not properly compensated black Americans for slavery is
their relative lack of welfare compared to white Americans - but even
elevating black Americans to well beyond the economic status of white
Americans would fail to adequately compensate these people for the
injustices they and previous generations have faced. Such injustices taint
America's history, and reparations of the kind Boonin advocates are
insufficient, inappropriate, and misplaced. However, the theft principle offers
a commonsense approach to dealing with one particular injustice that is a
result of slavery - the theft of the labor and other property by slave owners.
By returning these goods, and the financial successes built upon these goods,
to the descendants of former slaves, one acknowledges the property rights of
black Americans in their person and labor. The moral blight of slavery can
never be removed from the history of the United States, but the continued
denial that former slaves owned the fruits of their labor can, and should, be
ceased.
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Alethic-Deontic Logic: Some Theorems

Daniel Ronnedal

Abstract

The purpose of this paper is to prove some theorems in alethic-deontic logic.
Alethic-deontic logic is a kind of bimodal logic that combines ordinary
alethic (modal) logic and deontic logic. Ordinary alethic logic is a branch of
logic that deals with modal concepts, such as necessity and possibility, modal
sentences, arguments and systems. Deontic logic is the logic of norms. It is
about normative words, such as “ought”, “right” and “wrong”, normative
sentences, arguments and systems. Alethic-deontic logic contains both modal
and normative concepts and can be used to study how these interact. This
paper contains some interesting theorems that can be proved in alethic-
deontic logic. I will show that all primitive deontic operators are redundant
when prefixed to the alethic operators in some systems. I will prove that
necessarily equivalent sentences have the same deontic status in many sys-
tems. I will establish that the set of sentences in some alethic-deontic systems
can be partitioned into five, mutually exclusive, exhaustive subsets. Finally, I
will show that there are exactly ten distinct modalities in some alethic-deontic
systems.

1. Introduction

The purpose of this paper is to prove some theorems in alethic-deontic logic.
Alethic-deontic logic is a kind of bimodal logic that combines ordinary
alethic (modal) logic and deontic logic. Ordinary alethic logic is a branch of
logic that deals with modal concepts, such as necessity and possibility, modal
sentences, arguments and systems. For some introductions, see e.g. Chellas
(1980), Blackburn, de Rijke, & Venema (2001), Blackburn, van Benthem,
Wolter (eds.) (2007), Fitting & Mendelsohn (1998), Gabbay (1976), Gabbay
& Guenthner (2001), Kracht (1999), Garson (2006), Girle (2000), Lewis &
Langford (1932), Popkorn (1994), Segerberg (1971), and Zeman (1973).
Deontic logic is the logic of norms. It deals with normative words, such as
“ought”, “right” and “wrong”, normative sentences, arguments and systems.
Introductions to this branch can be found in e.g. Gabbay, Horty, Parent, van
der Meyden & van der Torre (eds.) (2013), Hilpinen (1971), (1981),
Roénnedal (2010), and Aqvist (1987), (2002). Alethic-deontic logic contains
both modal and normative concepts and can be used to study how these
interact. In the paper Ronnedal (2012) I say more about various bimodal
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systems. Alan R. Anderson was perhaps the first philosopher to combine
alethic and deontic logic (see Anderson (1956)). Fine & Schurz (1996),
Gabbay & Guenthner (2001), Gabbay, Kurucz, Wolter, Zakharyaschev
(2003), Kracht (1999), and Kracht & Wolter (1991) include more information
about how to combine various logical systems.

This paper contains some interesting theorems that can be proved in
alethic-deontic logic. It is divided into 6 sections. Section 2 contains an
introduction to the systems we study in this paper. In section 3 I will prove
that all primitive deontic operators are redundant when prefixed to the alethic
operators in some systems. Section 4 includes a proof of the fact that
necessarily equivalent sentences have the same deontic status in many
systems. In section 5 I will establish that the set of sentences in some alethic-
deontic systems can be partitioned into five, mutually exclusive, exhaustive
subsets. Finally, in section 6, I will prove that there are exactly ten distinct
modalities in some alethic-deontic systems.

2. Alethic-deontic logic

In this section I will briefly describe the alethic-deontic logics that we will
study in this essay. In the paper Ronnedal (2012) I say more about them and
about bimodal systems in general. For more background information, see
Roénnedal (2012b).

Syntax
Alphabet. (i) A denumerably infinite set Prop of proposition letters p, q, 1, s,

t, P1> 91> 1> St5 t, P2, Q2» 25 S, t..., (i1) the usual primitive truth-functional
connectives, (iii) the modal operators [J and <, (iv) the deontic operators O
and P, and (v) the brackets (, ).

Language. The language L is the set of well-formed formulas (wffs)
generated by the usual clauses for proposition letters and propositionally
compound sentences, and the following clauses: (i) if A is a wff, then A,
OA, OA and PA are wifs, and (iii) nothing else is a wff.

Capital letters A, B, C ... are used to represent arbitrary (not necessarily
atomic) formulas of the object language. — A, says that A is a theorem (in
some system determined by the context). Outer brackets around sentences are
usually dropped if the result is not ambiguous.

Definitions. €A = 0—A, FA =0-A, KA =PA AP-A, and NA = (OA v
O—A). L (falsum) and T (verum) are defined as usual.

The trandationfunction t. To understand the intended interpretation of
the formal language in this essay we can use the following translation
function. t(—A) = It is not the case that t(A). t(A — B) = If t(A), then t(B).
And similarly for all other propositional connectives. t(CJA) = It is necessary
that t(A). t(CGA) = It is possible that t(A). t(<-A) = It is impossible that t(A).
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t(OA) = It ought to be the case that t(A). t(PA) = It is permitted that t(A).
t(KA) = It is optional (deontically contingent) that t(A). t(NA) = It is non-
optional (deontically non-contingent) that t(A). If t(p) is a sentence in
English, we can use t to translate a formal sentence whose only atomic
proposition letter is p into English. For instance, let t(p) be “You give money
to every poor person in the whole world”. Then the t-translation of “—~Cp —
—Op” is “If it is not the case that it is possible that you give money to every
poor person in the whole world, then it is not the case that it ought to be the
case that you give money to every poor person in the whole world”. So,
“—~Op — —0p” is the “contraposition” of one version of the so-called “ought
implies can principle”.

There seem to be several different kinds of necessity and possibility:
logical, metaphysical, natural, historical etc. It might be plausible to use
different logical systems to symbolise these different kinds. However, we can
use the same symbols in each case.

Semantics

We use the same kind of semantics as in Ronnedal (2012). The only
difference is that we treat <, F, K and N as defined operators in this essay.
The fundamental concepts are the same, the truth-conditions for various
sentences are the same, the classifications of different systems are the same.

Proof theory

We will use two kinds of proof theories in this essay: one axiomatic and one
that is based on semantic tableaux. Both are described in Ronnedal (2012).
All fundamental axioms and tableau rules that are used in our proofs in the
present paper are also described in that essay. All other rules are easily
derived from the axioms and the primitive rules together with the definitions.
In Ronnedal (2012) we called some axioms a-axioms (a as in “alethic), some
b-axioms, and some ab-axioms. We will call the b-axioms “d-axioms” in this
essay (d as in “deontic”), and the ab-axioms “ad-axioms”. And similarly for
the tableau rules.

3. Redundant operators
Theorem 1. The deontic operators O and P are redundant when prefixed to
the alethic operators [J and < in (i) every tableau system that contains T-a4,
T-a5, T-dD and T-MO (as primitive or derived rules), and in (ii) every
axiomatic system that contains a4, a5, dD and MO (as axioms or theorems).
Le. — ®A & *®A, where ® = [0 or & and * = O or P, holds in the
indicated systems.

Proof. (i) To prove this we must show that all of the following sentences
are theorems in every tableau system that includes the tableau rules T-a4, T-
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a5, T-dD and T-MO: OA <> OOA (OOR), A <> POA (POR), CA <> OCA
(OCR), CA <> POA (POR). We begin by proving OCIR. OCIR states that it
is necessary that A if and only if it is obligatory that it is necessary that A.

OOR OA < OOA

(1) ~(0A <> OTIA), 0
4 N

(2) OA, 0[1, =]
(3) —=O0IA, 0 [1, =]
(4) P—OA, 0 [3, —O]
(5) 0s1 [4, P]

(6) —OA, 1[4, P]
(7) O=A, 16, -]
(8) 112 [7, O]
(9)=A, 2 [7, O]
(10) Or1 [5, T-MO]
(11) 0r2 [8, 10, T-a4]
(12) A, 2[2, 11, 0]
(13) * 9, 12]

(14) —0A, 0 [1, =]
(15) OTIA, 0 [1, =]
(16) O—A, 0 [14, =]
(17) 0rl [16, O]

(18) =A, 1 [16, O]
(19) 0s2 [T-dD]

(20) A, 2 [15, 19, O]
(21) 0r2 [19, T-MO]
(22) 2r1 [17, 21, T-a5]
(23) A, 120, 22, O]
(24) * [18, 23]

Hence, we see that O may be deleted when prefixed to a sentence of the form

CJA. Next we turn to PCIR.

POR 0A < POA

(1) ~(OA <> POA), 0
4 N

(2)OA, 0[1, =]
(3) =POA, 0 [1, =]
(4) O—0IA, 0 [3, —P]
(5) 0s1 [T-dD]

(6) —0A, 1[4, 5, O]
(7) O=A, 1[6,—0]
8) 112 [7, O]
(9)—A, 2[7, O]

(10) Or1 [5, T-MO]
(11) 0r2 [8, 10, T-a4]
(12) A, 2[2, 11, 0]
(13) * 9, 12]

(14) —OA, 0 [1, =]
(15) POA, 0 [1, =]
(16) O—A, 0 [14, =]
(17) 0s1 [15, P]

(18) OA, 1 [15, P]
(19) 0r2 [16, O]

(20) =A, 2 [16, O]
(21) 0r1 [17, T-MO]
(22) 112 [19, 21, T-a5]
(23) A, 218, 22, O]
(24) * [20, 23]

According to POIR, it is necessary that A if and only if it is permitted that it is
necessary that A. Consequently, P may be deleted when prefixed to a

sentence of the form CIA.
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The following tableau establishes that OOR is a theorem in the indicated
systems.

OOR OA < OOA
(1) =(OA <> OOA), 0
¢ N

(2) OA, 01, ~¢>]
(3) =0CA, 0 [1, =]
(4) P=OA, 0 [3, —0]
(5) 0s1 [4, P]

(6) =OA, 1[4, P]

(7) O-A, 1 [6, =O]
(8) 0r2 [2, O]
9)A,2[2, O]

(10) Or1 [5, T-MO]
(11) 112 [8, 10, T-a5]
(12) =A, 2 [7, 11, O]
(13) * 9, 12]

(14) =OA, 0 [1, ~¢>]
(15) OCA, 0[1, ]
(16) O=A, 0 [14, =]
(17) 0s1 [T-dD]

(18) OA, 1[15, 17, O]
(19) 112 [18, O]

(20) A, 2 [18, O]

(21) Orl [17, T-MO]
(22) 0r2 [19, 21, T-a4]
(23) A, 2 [16, 22, O]
(24) * [20, 23]

According to OCR, it is possible that A if and only if it is obligatory that it is
possible that A. O may thus be deleted when prefixed to a sentence of the
form $A. Finally, we prove POR.

POR OA < POA
(1) =(OA < POA), 0
4 N

(2) OA, 0[1, =]
(4) O—=OA, 0 [3, —P]
(5) 0rl [2, O]

6) A, 12, O]

(7) 0s2 [T-dD]

(8) =OA, 2 [4,7, O]
(9) O—A, 2 [8, =O]
(10) 0r2 [7, T-MO]
(11) 2r1 [5, 10, T-a5]
(12)—A, 19, 11, O]
(13) * [6, 12]

(14) =OA, 0 [1, =]
(15) POA, 0 [1, —¢]
(16) O=A, 0 [14, =<1
(17) 0s1 [15, P]

(18) OA, 1[15, P]
(19) 112 [18, O]

(20) A, 2[18, O]

(21) Or1 [17, T-MO]
(22) 0r2 [19, 21, T-a4]
(23) =A, 2 [16, 22, O]
(24) * [20, 23]

POR says that it is possible that A if and only if it is permitted that it is
possible that A. We conclude that P may be deleted when prefixed to a
sentence of the form GA in the systems we have mentioned.
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(i) follows immediately from (i) and the soundness and completeness
theorems found in Rénnedal (2012) and (2012b). However, in section 6 we
will also consider some explicit axiomatic arguments. B

The proof of theorem 1 is now finished. Due to this theorem, we may
always delete the deontic operators O and P when they are prefixed to OJ or
< in any part of any formula in the indicated systems. OCJR, PCIR etc. can be
viewed as a kind of reduction principles similar to other well known
principles of this sort.

What happens if we add F, K and N to our language? Does any of the
following “reduction laws” hold: A <> FOA, CA < FOA, OA <> KOA,
OCA & KOA, DA & NOA, CA & NOA? The answer to this question is no.
However we have: FOA < —[A, FOA & —CA, KOA & 1, KOA & 1,
NOA < T, and NOA <> T. So, in one sense F, K and N are redundant when
prefixed to O or &. However, if we delete them from a formula this might
affect the formula’s truth-value.

4. Necessarily equivalent sentences and deontic status

Theorem 2. Necessarily equivalent sentences have the same deontic status
with respect to O, P, F, K and N in (i) every tableau system that contains T-
MO, and in (ii) every axiomatic system that contains MO. More precisely:
— OA < B) - (*A < *B), where * = O, P, F, K and N, hold in the
indicated systems. If two sentences do not have the same deontic status with
respect to O, P, F, K and N in a tableau system that contains T-MO or in an
axiomatic system that contains MO, then they are not necessarily equivalent.
More precisely: |— —(*A <> *B) —» —(A < B), where * = O, P, F, K and
N, holds in (iii) every tableau system that contains T-MO, and in (iv) every
axiomatic system that contains MO."

Proof. (i) To prove this theorem we have to show that all of the following
sentences are theorems in every tableau system that contains T-MO: (A <>
B) — (PA < PB) (PE), (A < B) — (OA < OB) (OE), (A < B) — (FA
< FB) (FE), O(A < B) —» (KA < KB) (KE), and J(A <> B) > (NA <
NB) (NE). The tableau proofs of (OE) and (NE) are left to the reader.
However, we will see how it is easy (by an axiomatic argument) to establish
(NE) once we have proven (KE). All we have to do then is to prove (PE),
(FE), and (KE). Let us begin with (PE).

(PE) says that if it is necessary that t(A) if and only if t(B), then it is
permitted that t(A) if and only if it is permitted that t(B), according to the t-
translation of this sentence.

' Of course, [J(A < B) = (A < OB) and [J(A < B) — (OA <> OB) are also theorems in
every alethic-deontic system described in Ronnedal (2012).
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[(A <> B) = (PA <> PB)

(1) O(A <> B) - (PA <> PB), 0
(2) O(A < B), 0
(3) =(PA <> PB), 0
"4 N

(4) PA, 0 (18) —PA, 0

(5)—=PB, 0 (19) PB, 0

(6) 0—B, 0 (20) 0—-A, 0

(7) 0s1 (21) 0sl

(8) A, 1 (22)B, 1

(9) =B, 1 (23) —A, 1

(10) Orl (24) Orl

(1A B, 1 (25) A B, 1

"4 N "4 N
(12)A, 1 (15)=A, 1 Q6)A, 1 (29)—A, 1
(13)B,1  (16)=B, 1 (27)B,1  (30)—B, 1
(14) * (17) * (28) * (1) *

Next we continue with (FE). The t-translation of (FE) looks like this: If it is
necessary that t(A) if and only if t(B), then it is forbidden that t(A) if and only

if it is forbidden that t(B).

(A < B) —» (FA < FB)

(1) ~(0(A & B) - (FA < FB)), 0
(2) O(A < B), 0
(3) ~(FA <> FB), 0
¢ N

(4)FA, 0 (19) —FA, 0

(5)—FB, 0 (20) FB, 0

(6) O—A, 0 (21) 0—B, 0

(7) PB, 0 (22) PA, 0

(8) 0s1 (23) 0s1

(9)B, 1 Q4) A, 1

(10) A, 1 (25) =B, 1

(11) Orl (26) Orl

(12) A< B, 1 27) A< B, 1

¢ N v N
(13)A, 1 (16)=A, 1 (28)A, 1  (31)—A, 1
(14)B,1  (17)=B, 1 (29)B,1  (32)—B, 1
(15) * (18)* (30) * (33)*
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Since we have not introduced any special rules for deontic contingency and
non-contingency, or optionality and non-optionality, we must first translate
the sentence (KE) to be able to decide whether it is valid or not by use of the
tableau method. By definition, CI(A <> B) — (KA <> KB) is equivalent to
(A <> B) = ((PA A P=A) & (PB A P=B)). To prove that the former is a
theorem in our indicated systems, it thus suffices to prove the latter.

If we apply the t-translation function to (KE), it says that if it is necessary
that t(A) if and only if t(B), then it is optional that t(A) if and only if it is
optional that t(B). Here is the tableau proof.

0(A < B) > (KA < KB)
(1) =(O(A <> B) = (PAAP=A) < (PBAP=B))), 0

(2) O(A < B), 0
(3) ~((PA A P—A) <> (PB A P—B)), 0

¢ N
(4) PA AP—A, 0 (34) ~(PA A P=A), 0
(5)—~(PBAP—B),0  (35)PBAP—B,0
(6) PA, 0 (36) PB, 0
(7) P—A, 0 (37) P-B, 0
(8) 0s1 (38) 0s1
9) A, 1 (39) B, 1
(10) 0s2 (40) 0s2
(11) A, 2 (41) =B, 2
(12) Orl (42) Orl
(13) 0r2 (43) 0r2
(14 A B, 1 (44) A B, 1
(15)A<>B,2 (45) A B,2
"4 N "4 N

(16)A, 1 (B)—-A, 1 (@46)A, 1  (61)—A,1

(17B,1  (32)—=B,1 (47)B,1  (62)—B, 1

v N (33) * % N (63) *
(18)A,2 (1)—A,2 48)A,2  (51)—A,2
(19)B,2  (22)—B,2 (49)B,2  (52)-B,2

(20) * ' N (50) * v N
(23)—PB, 0 (27) —=P—B, 0 (53) =PA, 0 (57) —P—A, 0
(24) 0—B, 0 (28) 0—B, 0 (54) 0—A, 0 (58) 0—A, 0
(25)—-B,1 (29)—B,2 (55)—A, 1 (59) —aA, 2
(26) * (30) * (56) * (60) *

I will omit the tableau proof of (NE). It is similar to the one just given.
Instead we establish the result by the following reasoning. 1. (A < B) —
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(KA < KB) [From the tableau proof above]. 2. (A <> B) —» (—=KA &
—KB) [1, propositional logic]. 3. O(A <> B) - (NA <> NB) [by 2 and the
definitions of K and N]. We know that this kind of reasoning (and the kind
exhibited in the proof of KE) is correct, since we have proved that all our
axiomatic systems as well as our tableau systems are sound and complete
with respect to the same semantics (Ronnedal (2012), (2012b)).

(i) follows immediately from (i) and the soundness and completeness
theorems found in Rénnedal (2012) and (2012b).

(iii) and (iv). This is essentially the contrapositive of part (i) and part (ii),
respectively. (Details are easy and are left to the reader.) B

5. A partition of the sentencesin T-dD and dD systems

Theorem 3. The set of all sentences (in our formal language) can be
partitioned into the following, mutually exclusive, exhaustive subsets in (i)
every tableau system that includes T-dD (as a primitive or derived rule), and
in (ii) every axiomatic system that includes dD (as an axiom or theorem).

OA A OA OA A=A PA AP—-A FA A=A FAASA

Proof. (i) To prove this theorem we must show that every sentence is
contained in at least one of these categories and that it is contained in at most
one of them. This amounts to proving the following theorems.

P=(OAAOA)v (OAA—=OA)

VvV (PAAP=A) Vv (FAA=CA)V (FAASA).
A=(CAAOA)—>
B=(0AA-0OA)—>

(—(OA A OA) A =(PA AP—=A) A =(FA A —=CA) A =(FA ASGA)).
C=(PAAP-A)—>

(—=(OA A =0A) A =(OA A OA) A =(FA A —=SCA) A =(FA ASGA)).
D=(FAA—CA)—>
E=(FAASA)—>

A is equivalent to the conjunction of the following sentences:
Al (OA A OA) = —(OA A =OA), A2 (A A OA) = —(PA A P=A),
A3 (A AOA) > ~(FAA—SA), A4 (LA A OA) > —(FAASA).

B is equivalent to the conjunction of the following sentences:
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B1 (OA A =0A) —» —(OA A OA), B2 (OA A =0A) — —(PA A P=A),
B3 (OA A=0A) - —=(FAA—=<A), B4 (OA A—-0OA) > —(FAASA).
C is equivalent to the conjunction of the following sentences:
Cl (PA A P—A) > —(0OA A =0OA), C2 (PA A P-A) — —(OA A OA),
C3 (PAAP=A) > —(FAA—SA), C4 (PAAP—A) > —(FAASA).
D is equivalent to the conjunction of the following sentences:
D1 (FA A =<A) —» —(0A A =0A), D2 (FA A =<A) - —(PA A
P—A), D3 (FA A =<A) > =(0OA A OA), D4 (FA A =<SA) - —(FA A
<SA).
E is equivalent to the conjunction of the following sentences:
El (FAA<©A) > —(OA A—TA), E2 (FAA<A) > —(PAAP—-A), E3
(FAASA) > —(FAA—SA), E4 (FAASA) > —(LA A OA).

So, it is enough that we show that P, A1-A4, B1-B4, C1-C4, D1-D4 and E1-
E4 are theorems in our systems. Al, B1, D4 and E3 are true by propositional
logic alone. We continue to prove A3 and A4.

A3 (OAAOA) = —(FAA—SA) A4 (DA A OA) = —(FA A SA)

(1) ~((OAAOA) > —~(FAA—SA)), 0 (1) =((TA A OA) = —(FA A SA)), 0

(2) DA A OA, 0 [1, =] (2) DA AOA, 0 [1, =]
(4) FA A—SA, 0 [3, —] (4) FA A A, 0 [3, ——]

(5) A, 0 [2, A] (5) OA, 0 [2, A]

(6) OA. 0 [2. A] (6) OA. 0 [2. A]

(7) FA, 0 [4, A] (7) FA. 0 [4, A]

(8) =SA, 0 [4, A] (8) SA, 0 [4, A]

(9) 0s1 [T-dD] (9) 0s1 [T-dD]

(10) A, 1[6,9, O] (10) A, 1[6, 9, O]
(11)=A, 1[7,9, F] (11)=A, 1[7,9, F']
(12) * [10, 11] (12) * 10, 11]

B3 (OA A—A) = —~(FAA—SA) B4 (OA A—OA) —> —(FA A SA)

(1) =((OA A =0A) - =(FAA—=<A)), 0 (1) =((OA A =0A) - =(FA A<A)), 0

(2) OA A=A, 0 [1, =] (2) OA A=A, 0 [1, =]
(3) ——(FA A —SA), 0 [1, =] (3) ——(FA A SA), 0[1, =]
(4) FAA—SA, 0 [3, —] (4) FAASA, 0 [3, =]
(5) OA, 0 [2, A] (5) OA, 0 [2, A]

(6) =OA, 0[2, A] (6) =OA, 0 [2, A]
(7) FA, 0 [4, A] (7) FA, 0 [4, A]
(8) =A, 0 [4, A] (8) SA, 0 [4, A]
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(9) 0s1 [T-dD]
(10) A, 1[5,9, O]
(11)—A, 1[7,9, F]
(12) * [10, 11]

(9) 0s1 [T-dD]
(10) A, 1[5, 9, O]
(11)=A, 1[7,9, F]
(12) *[10, 11]

D1 is equivalent to B3 and El is equivalent to B4. Consequently, D1 and El
are theorems in all T-dD systems. For the tableaux above prove that both B3
and B4 are theorems in systems of this kind.

A2 (A AOA) > —(PAAP=A) B2 (OA A—=A) - —(PA AP=A)

(1)=((OA A OA) = —(PAAP=A)), 0 (1) =((OA A —TA) = —(PA A P—A)), 0
(2) DA A OA, 0 [1, =] (2) OA A=A, 0 [1, =]

(4) PA AP=A, 0 [3, =]
(5)0A, 0[2, A]
(6) OA, 0 [2, A]
(7) PA, 0 [4, A]
(8) P—A, 0 [4, A]
(9) 0s1 [8, P]
(10) =A, 1 [8, P]
(11) A, 16,9, 0]
(12) * [10, 11]

(4) PA A P=A, 0 [3, ——]
(5)OA, 0 [2, A]
(6) —0A, 0 [2, A]
(7)PA, 0 [4, A]
(8) P—A, 0 [4, A]
(9) 0s1 [8, P]
(10) —A, 1 [8, P]
(1) A, 1[5, 9, O]
(12) *[10, 11]

We now know that A2 and B2 are theorems in all T-dD systems. C2 is the
contrapositive of A2 and C1 is the contrapositive of B2. It follows that also
C2 and C1 are theorems in all systems of this kind.

D2 (FAA—<$A) > —(PAAP—A) E2 (FA A<SA) = —(PA A P—A)

(1) ~((FA A —SA) = —~(PA AP=A)), 0 (1) =((FA A ©A) = —(PA A P—A)), 0

(2) FAA—SA, 01, =]
(3) =—(PA A P=A), 0 [1, =]
(4) PA AP—A, 0 [3, =]
(5)FA, 02, A]

(6) =SA, 0 [2, A]

(7) PA, 0 [4, A]

(8) P—A, 0[4, A]

(9) 0s1 [7, P]

(10) A, 1[7,P]
(11)=A, 1 [5,9, F]
(12) * [10, 11]

(2)FAASA, 0 [1, =]
(3) =—(PA A P—A), 0 [1, =]
(4) PA AP—A, 0 [3, =]
(5)FA, 02, A]
(6) SA, 0[2, Al
(7) PA, 0 [4, A]
(8) P—A, 0[4, A]
(9) 0s1 [7, P]
(10) A, 1[7,P]
(11)=A, 1[5, 9, F’]
(12) * [10, 11]
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These tableaux prove that D2 and E2 are theorems in all T-dD systems. D2 is
the contrapositive of C3 and E2 is the contrapositive of C4. Hence, C3 and
C4 are also theorems in every T-dD system. D3 is the contrapositive of A3
and E4 is the contrapositive of A4. It follows that D3 and E3 are theorems in
all T-dD systems.

We have now established A, B, C, D and E. All that is left to prove is that
(P) is a theorem in all tableau systems that include T-dD.

Consider (P) (A A OA) v (OAA—=OA) v (PAAP=A) v (FAA=CA)V
(FA A ©A). We can prove this sentence directly by constructing a semantic
tableau that starts with the negation of (P). But the proof is quite long. So, 1
will combine axiomatic and tableau techniques. First we show that OA v (PA
A P—A) v FA is a theorem in every system that includes T-dD. Indeed, this
sentence is a theorem even in the weakest so-called normal deontic logic,
sometimes called OK. The theorem states that everything is obligatory,
optional or forbidden.

P OAv ((PAAP—A)vFA)

(1) =(OA v (PA A P—A) v FA)), 0
(2) =0A, 0 [1, —v]
(3) =((PA A P=A)V FA), 0 [1, —v]
(4) =(PA A P=A), 0 [3, —v]
(5) —FA, 0 [3, =]
(6) P—A, 0 [2, —O]
(7) PA, 0 [5, —F]
(8) 0s1 [7, P]
(9) A, 1[7,P]
(10) 0s2 [6, P]
(11) =A, 2 [6, P]
¢ N

(12) —=PA, 0 [4, =A] (16) —=P—A, 0 [4, =A]
(13) 0—A, 0[12, —P] (17) O——A, 0 [16, —P]
(14) —A, 1 [8, 13, 0] (18) ——aA, 2 [10, 17, O]

(15) * [9, 14] (19) * [11, 18]

Now we can reason as follows. We know that A is equivalent to (A A B) v (A
A —B). Hence, OA is equivalent to (OA A OJA) v (OA A —JA) and FA is
equivalent to (FA A =<A) v (FA A ©A). So, we substitute OA by (OA A
OA) v (OA A =0A) and FA by (FA A =<$A) v (FA A <SA) in OA v (PA A
P—A) v FA. It follows that (HA A OA) v (OA A—=0A) v (PAAP=A) v (FA A
—<A) v (FA A<A) is a theorem. Our proof of theorem 3 is now finished. B
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6. Modalitiesin some systems
Theorem 4. In theorem 4 we use a language without the defined concepts in
section 2. (i) In every axiomatic (normal) alethic-deontic logic that contains
the deontic system OS5+, the alethic system S5, MO, OC, ad4 OA — CJOA,
and ad5 PA — [OPA (as axioms and/or theorems) there are at most ten
distinct modalities: A, —A, CA, TA, PA, OA, =CA, —JA, —PA and —OA.
(i) In the axiomatic alethic-deontic system aS5d0S5+adMOOQC45° there are
exactly ten distinct modalities: A, —A, OA, OA, PA, OA, =OA, —OA, —PA
and —OA. (iii) In every normal alethic-deontic tableau system that includes
T-aT, T-aB, T-a4, T-dD, T-d4, T-d5, T-MO, T-OC, T-ad4, and T-ad5 (as
primitive and/or derived rules) there are at most ten distinct modalities: A,
—A, CA, OA, PA, OA, —=CA, —0OA, —PA and —OA. (iv) In the alethic-
deontic tableau system T-aTB4dD45adMOOC45* there are exactly ten
distinct modalities: A, —A, CA, A, PA, OA, =<CA, —OA, —PA and —OA.
(V) In the axiomatic alethic-deontic system aS5dOS5+adMOOC45 and in the
alethic-deontic tableau system T-aTB4dD45adMOQOC45 (and in all systems
that are deductively equivalent) a string of modal operators reduces to its
innermost modality. E.g. all of the following equivalences hold in these
systems: OOCA < OA, —OOOPA < —PA, OO-CPOOA < —0A,
POOCO-P-PA < PA, OOOPOA « OA, =OOO-0A < OA,
Proof. (i) The proof of this theorem consists of two parts. First we show
that the systems we are interested in contain the following reduction laws:

1) A & A, (i) CA & OOA, (iii) A <> OOA, (iv) CA < OOCA,
(v) DA & OOA, (vi) PA <> PPA, (vii)) OA <> OOA, (viii) PA <
OPA, (ix) OA <> POA, (x) OA <> POA, (xi) CA & OCA, (xii) A
> POA, (xiii)) DA < OOA, (xiv) PA <> OPA, (xv) PA < OPA,
(xvi) OA <> GOA, (xvii) OA <> OOA.

Then we prove that given these reduction laws any modality is equivalent to
one of the ten modalities mentioned above. To prove the first step, we use
axiomatic techniques. It is a well known fact that (ii)-(v) hold in S5 and it has
been established that (vi)-(ix) are theorems in OS5+.> All that remains to
show then is (i) and (x)-(xvii). (i) is simply the law of double negation and
(xii)-(xvii) can be obtained in the following manner.

% See e.g. Ronnedal (2010), chapter 7, for more information about OS5+ (also called KD45). S5
is described in almost every introduction to (alethic) modal logic.

® This system contains some redundancy and there are a number a different deductively
equivalent systems. Therefore, the conclusion also holds in many “other” systems.

* See the comment in footnote 3.

3 See e.g. Ronnedal (2010), pp. 260-265.
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(x) OAPOA

OCA—-POA
.OA-SOCA
. OA—-POA
POASOOA
LOOCA—OA
.POA—-OA
. OCAPOA

NN AW~

1.POA—-> COA

(xii) DA <> POA

.O0A—POA
.OA—->0O0OA
.OA—POA
. POA - COA
OOA—OA
.POA—-OA
.OA<POA

NN AW~

(xiv) PA> OPA

1.PA— OPA
2. OA—0OO0A
4. -00-A

6. OPA—PA
7.PA< OPA

Daniel Ronnedal

(xi) A OCA
[0C° OA/A] 2. OOA—OA
[S5]  3.POA—DA
[1,2,PL] 4. —OA——POA
[35] 6. OA——P—OA
[4,5,PL] 7. CA—OGA
[3,6,PL] 8. 0CA—OOA
9. OOA—-CA
10. OCA—-CA
MO’ OA/A]  11. OAGOOA

Theorem 4(i), part (x)-(xi)

(xiii) DA <> O0A

[0C’ OA/A] 1. OOA—OOA
[S5] 2.0A—0O0A
[1,2,PL] 3.0A—OOA

[MO’ OA/A]  4.00A—OOA
[S5] 5. 0O0A—OA
[4,5,PL] 6.00A—OA
[3,6,PL] 7.0A<O0A

Theorem 4(i), part (xii)-(xiii)

(xvi) OA—<COA

[aT° PA/A]  1.0A—GOA
[add] 2. PA—CIPA
[2,PL]  3.—O0PA——PA
4. -OP-A

[4, OPI] 5. -0-0A—0A
[5,001] 6. GOA—OA
[1,6,PL]  7.0A< GOA

Theorem 4(i), part (xiv), (xvi)

[S5]

[1,2, PL]
[3, PL]

[4, =A/A]
[5, O00T]
[6, OPI]
[0C OA/A]
[S5]

8,9, PL]
[7, 10, PL]

[MO OJA/A]
[S5]
[1,2,PL]
[OC OA/A]
[S5]
[4,5,PL]
[3,6,PL]

[T’ OA/A]
[ad5]
[2, PL]

[3, =A/A]
[4, OPI]
[5, OOT]
[1,6,PL]

Note that GCPA — PA is the dual of OA — OOA and that COA — OA is the

dual of PA — COPA.
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(xv) PA <> OPA (xvii) OA <> TOA

1. PA—OPA [ad5]  1.0A—OOA [ad4]
2. OPA—PA [aT PA/A] 2. JOA—OA [aT OA/A]
3. PA<>OPA [1,2,PL]  3.0A«<OO0A [1,2, PL]

Theorem 4(i), part (xv), (xvii)

We have now proved that all of the reduction laws mentioned above hold in
every system that contains S5, OS5+, MO, OC, OA — OOA, and PA —
[JPA.°® It remains to show that any system that contains these laws have at
most the ten distinct modalities listed in the theorem. We do this by
systematically adding single modalities to the empty modality and show how
the result ultimately reduces to one of the ten modalities.

So, start with the empty modality (0) *A. Add one modality. Then we get
(1) —A, (2) ©A, (3) OA, (4) PA, or (5) OA.

Add one modality to (1). Then we get (1.1) =—A, which is equivalent to
(1), (1.2) &—=A, which is equivalent to =OJA, (1.3) O—=A, which is equivalent
to =OA, (1.4) P=A, which is equivalent to —OA, or (1.5) O—A, which is
equivalent to —PA. Add one modality to (1.2). Then we get (1.2.1) =C—A,
which is equivalent to JA (see (3)), or we get (1.2.2) OCO—=A, (1.2.3)
OOC=A, (1.2.4) PO=A, or (1.2.5) OO—=A, all of which are equivalent to
(1.2). Add one modality to 1.3. Then we get (1.3.1) —=O0—=A, which is
equivalent to CGA (see (2)), or we get (1.3.2) OCO—A, (1.3.3) OO—A, (1.3.4)
PO—-A, or (1.3.5) OO—A, all of which are equivalent to (1.3). Add one
modality to (1.4). Then we get (1.4.1) =P—A, which is equivalent to OA (see
(5)), or we get (1.4.2) OP-A, (1.4.3) OP-A, (1.4.4) PP-A, or (14.5)
OP—A, all of which are equivalent to (1.4). Add one modality to (1.5). Then
we get (1.5.1) =O—=A, which is equivalent to PA (see (2)), or we get (1.5.2)
OO0—A, (1.5.3) OO-A, (1.5.4) PO—A, or (1.5.5) OO—-A, all of which are
equivalent to (1.5).

Add one modality to (2). Then we get (2.1) =<OA (see (1.3)), (2.2) OOCA,
(2.3) OCA, (2.4) POA, or (2.5), all of which are equivalent to (2).

Add one modality to (3). Then we get (3.1) =OJA (see (1.2)), (3.2) COA,
(3.3) OOA, (3.4) POA, or (3.5) OOJA, all of which are equivalent to (3).

Add one modality to (4). Then we get (4.1) —PA (see (1.5)), (4.2) OPA,
(4.3) OPA, (4.4) PPA, or (4.5) OPA, all of which are equivalent to (4).

® In the proofs above, PL means that the step follows by propositional logic. S5 means that the
sentence is a theorem in the alethic system S5. aT” is the dual of aT, MO’ is the dual of MO, and
OC’ is the dual of OC. O<I includes the usual relationships between O and < and OPI the usual
relationships between O and P.
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Add one modality to (5). Then we get (5.1) =OA (see (1.4)), (5.2) COA,
(5.3) DOA, (5.4) POA, or (5.5) OOA, all of which are equivalent to (5). This
takes care of all the possibilities.

(if) To prove (ii) we must show that the system aS5dOS5+adMOOC45
doesn’t contain any more reduction laws, i.e. we must show that it is not the
case that [JA <> OA, OA < PA, A < OA, CA < PA etc. We can do this
by describing a countermodel for each equivalence of this kind. Details are
left to the reader.

(iii) Follows directly from (i) by the soundness and completeness
theorems in Ronnedal (2012). See also Ronnedal (2012b).

(iv) To prove part (iv) we can use the same countermodels as in (ii).

(v) Follows from the previous parts of this theorem.

The proof of theorem 4 is now finished. B
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